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Abstract

The study of light-driven physical processes generated in nanomate-
rials require shorter (in time, or broader in frequency) laser pulses
with techniques to tailor its phase and temporal/spectral character-
istics at the nanoscopic interaction volume. Such studies can specif-
ically address the aspect of coherence of excited states in molecular
systems or of collective electronic oscillations in plasmonic nanores-
onators. Addressing nonlinear coherent phenomena with broadband
femtosecond pulses, usually involve achieving constructive or destruc-
tive interferences between multiple absorption pathways by spectral
phase manipulation.

Despite progress on in ultrafast spatiotemporal control of optical
processes, a systematic, true optical coherent control on a fundamen-
tal dipole plasmon mode remained challenging due to the very short
dephasing time of the plasmon oscillation in the 25 fs range. Unfortu-
nately, luminescence is an incoherent process and therefore generally
not explored for nanoscale coherent control of the antenna response.
Firstly, we demonstrated that, in resonant gold nanoantennas, the
two-photon absorption process can be coherent, provided that the
excitation pulse duration is shorter than the dephasing time of plas-
mon mode oscillation. Exploiting this coherent response, we showed
the pure spectral phase control of resonant gold nanoantennas, with
effective read-out of the two-photon photoluminescence.

High-index dielectric nanoantennas, for example, gallium phos-
phide (GaP) nanoantennas have recently emerged as pro-mising al-
ternatives to plasmonic nanoantennas displaying extremely low losses
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0. Abstract

in the visible range and having high nonlinearities. They also support
both multipolar electric and magnetic resonances in both visible and
NIR frequency range. Especially, the low losses and large nonlineari-
ties are promising for ultrafast optical switching and truly all-optical
control of GaP nanodevices. Here first we used two- and three-photon
excitation of GaP nanodisks to probe the size-dependent resonance
enhancement of second-harmonic and bandgap emission. Next, we
showed, by spectral phase control of broadband pulsed excitation,
that GaP nanoantennas outperformed their metal counterparts in
supporting nonlinear optical coherences.

Next, our numerical studies on the SHG enhancement in GaP
nanoantennas indicated that size-dependent SHG enhancement is the
result of resonant electric field confinement in the nanoantenna vol-
ume. Study of angular emission pattern, combined with polarimetry
of resonant nanoantennas revealed that SHG emission resulting from
the excitation with linear polarization is predominantly radially po-
larized. The multipolar modal analysis at SHG frequency indicated
the presence of an electric dipole oscillating along the disk axis, along
with weak contributions of quadrupoles and octupoles.

Finally, size-dependent SHG spectral shift confirmed the existence
of multiple resonances in these nanodisks. Exploiting this feature,
multipolar electromagnetic modes that resonate with relative phases,
following a broadband laser illumination, can be made to interfere
and the interference can be controlled by means of spectral phase
modulation of the excitation field to achieve directionality. With an
antisymmetric π step modulation, a switching in polarization state
was observed. Our experiments pave way for all-optical control of
directional radiation of nanoantennas by the control of multipolar
interference in the nonlinear regime.
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Resumen

El estudio de los procesos físicos impulsados por la luz generados en
nanomateriales requiere pulsos láser más cortos (en el tiempo) con
técnicas para adaptar sus características de fase y temporales ó es-
pectrales en el volumen de interacción nanoscópica. Dichos estudios
pueden abordar específicamente el aspecto de la coherencia de esta-
dos excitados en sistemas moleculares o de oscilaciones electrónicas
colectivas en nanoresonadores plasmónicos. Abordar fenómenos co-
herentes no lineales con pulsos de femtosegundos de banda ancha,
generalmente implica lograr interferencias constructivas o destructi-
vas entre múltiples vías de absorción mediante manipulación de fase
espectral.

A pesar del progreso en el control espacio-temporal ultrarrápido
de los procesos ópticos, un control coherente óptico sistemático y ver-
dadero en un modo de plasmón dipolar fundamental seguía siendo de-
safiante debido al muy corto tiempo de decoherencia de la oscilación
del plasmón en el rango de 25 fs. Desafortunadamente, la luminis-
cencia es un proceso incoherente y, por lo tanto, generalmente no
hacido explorado todavia para el control coherente a nanoescala de
la respuesta de la antena. En primer lugar, demostramos que, en las
nanoantenas de oro resonantes, el proceso de absorción de dos fotones
puede ser coherente, siempre que la duración del pulso de excitación
sea más corta que el tiempo de desfase de la oscilación del modo
plasmonico. Aprovechando esta respuesta coherente, mostramos el
control de la fase espectral pura de nanoantenas de oro resonantes,
concolectando eficientemente de la fotoluminiscencia de dos fotones.
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0. Resumen

Las nanoantenas dieléctricas de alto índice de refracción, por
ejemplo, las nanoantenas de fosfuro de galio (GaP), han surgido re-
cientemente como alternativas prometedoras a las nanoantenas plas-
mónicas que muestran scattering muy bajas extremadamente ba-
jas en el rango visible y tienen altas no linealidades. También ad-
miten resonancias magnéticas y eléctricas multipolares en el rango
de frecuencia visible y NIR. Especialmente, las bajas scattering y
las grandes no linealidades son prometedoras para una conmutación
óptica ultrarrápida y un control puramente todo óptico de los nan-
odispositivos GaP. Aquí, primero, utilizamos la excitación de dos
y tres fotones de los nanodiscos de GaP para probar la mejora de
resonancia dependiente del tamaño de los nanodiscos de la emisión
de segundo armónico y de la banda prohibida. A continuación, de-
mostramos, mediante el control de fase espectral de la excitación
pulsada de banda ancha, que las nanoantenas de GaP superaron a
sus contrapartes metálicas en el generación de coherencias ópticas no
lineales.

A continuación, nuestros estudios numéricos sobre la mejora de
SHG en las nanoantenas GaP indicaron que la mejora de SHG depen-
diente del tamaño es el resultado del confinamiento de campo eléctrico
resonante en el volumen de nanoantena. El estudio del modelo de
emisión angular, combinado con la polarimetría de nanoantenas res-
onantes reveló que la emisión de SHG resultante de la excitación con
polarización lineal está predominantemente polarizada radialmente.
El análisis modal multipolar a frecuencia SHG indicó la presencia de
un dipolo eléctrico que oscila a lo largo del eje del disco, junto con
contribuciones débiles de cuadrupolos y octopolos.

Finalmente, el cambio espectral de SHG dependiente del tamaño
confirmó la existencia de resonancias múltiples en estos nanodiscos.
Aprovec-hando esta característica, los modos electromagnéticos mul-
tipolares que resuenan con fases relativas, después de una iluminación
láser de banda ancha, pueden interferir y la interferencia puede con-
trolarse mediante la modulación de fase espectral del campo de ex-
citación para lograr la direccionalidad. Con una modulación de paso

xii



pi antisimétrica, se observó un cambio en el estado de polarización.
Nuestros experimentos abren el camino para el control totalmente
óptico de la radiación direccional de nanoantenas mediante el control
de la interferencia multipolar en el régimen no lineal.

xiii





1
Prologue

Light, as the visible part (wavelength range from approximately 400
to 700 nanometers) of electromagnetic radiation available for direct
human perception, for the same reason has always been a part of
human life. Tracing the history of classical optics, it was Democritus
who attempted to explain the perception and colour [1], first. Since
then, our understanding on the properties of light has grown enor-
mously over several centuries, that goes hand-in-hand with the evolu-
tion of Physics over the centuries: the corpuscular theory of Newton,
wave optics formalism of Huygens, Maxwell’s theory on electromag-
netism, Planck’s quantum theory of blackbody radiation and so on
[2, 3]. It took only four decades since the proposal of Einstein in
1917 [4] on the stimulated emission of light, for the development of
the first laser source, marking the beginning of the era of photon-
ics. Ever since, lasers have reached to almost everything we know in
our life today: smartphones, televisions, communications, healthcare,
food industry, textile industry, space technology, energy industry etc.

Nanophotonics is the study of interaction of light with matter at
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1. Prologue

the nanoscale [5–8]. In the recent years, it has been drawing attention
from the scientific and industrial communities and has found many
applications in sensing, biomedical diagnostics, labels for biomedical
imaging, household telecommunication devices, high efficiency solar
cells, data storage, personalized healthcare technologies etc. The
basic underlying principle to induce light-matter interaction at the
nanoscale is to confine light to nanoscale dimensions, i.e., to the size
much smaller than optical wavelengths.

Considering the analogue to radio wave antennas, a nanoparti-
cle that is capable of interacting with optical wavelengths, can be
called an optical antenna. In an excellent review work, Novotny and
coworkers define an optical antenna this way: a device designed to
efficiently convert free-propagating optical radiation to localized en-
ergy and vice versa [9]. They are nanometric in size, due to the
fact that optical wavelengths are at least 6 to 8 orders smaller than
radio wavelengths. Thus, optical antennas, hereafter referred to as
nanoantennas, are capable of propagating, receiving and transmit-
ting electromagnetic fields at the nanoscale. Fabricating materials
at the nanometric scale with reproducible qualities is challenging.
Fortunately, the technical advancement in nanofabrication and char-
acterization in the past decade has allowed the nanofabrication of
extremely complicated structures. The research on nanoantennas be-
gan with metallic systems which recently migrated to dielectric and
2D materials.

In metallic nanoantennas, most of the optical properties originate
from collective electron oscillations induced in the particle following
optical excitation, called localized plasmon resonances [10, 11]. These
plasmon resonances help concentrating the electromagnetic field in
a very small volume in its near field (size << wavelength), creat-
ing a nanoscopic platform to study many light induced linear and
nonlinear processes, thus acting as an efficient reporter of its sur-
roundings. A nanoemitter placed in the near field of a plasmonic
nanoantenna benefits from the tight confinement of electromagnetic
field and helps increasing the radiation power of the emitter by a few
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orders of magnitude. Plasmonics, thus paves way for the generation,
detection, control, and use of plasmons for information and energy
carrying at the nanoscale. This resulted in several research works
that demonstrated huge enhancement in radiative properties of weak
emitters like single molecules and quantum dots [12–20], enhance-
ment in nonlinear processes, including second harmonic generation
(SHG) and third harmonic generation (THG) etc. [21–27]. However,
while metals act like ideal conductor at lower frequencies, they suffer
from ohmic losses at higher and optical frequencies, thus degrad-
ing the performance of nanoscale resonators. Plasmons are damped
by elastic and inelastic scattering of electrons on other electrons, or
phonons, or even on lattice defects. This damping severely reduces
the performance of a metallic nanoantenna resonator [28].

In dielectric nanoantennas, on the other hand, moving charges are
absent and therefore plasmon resonances do not exist. Recently, it
has been demonstrated that strong Mie resonances can be induced
in such materials when electromagnetic excitation induces a shift in
charge distribution, generating a polarization current. In contrast to
plasmonic nanoantennas, dielectric nanoantennas support both elec-
tric and magnetic resonances, which result in many more interesting
applications.

Thus, it is clear that the study of light-matter interactions in
nanostructures poses significant challenges. Nanoantennas are typ-
ically low quality (Q) factor resonators (on the order of Q ≈ 10).
This implies that their temporal responses are limited to femtosec-
ond time scale. Therefore, to characterize interactions of a nanoan-
tenna with light, the investigation technique should ideally possess
both nanometer-scale spatial resolution and ultrafast temporal reso-
lution. To this end, significant progress has been made: methods like
time-resolved ultrafast spectroscopy, near field optical microscopy,
cathodoluminescence and electron energy loss spectroscopy, photoe-
mission spectroscopy are few of the major techniques in this direction.

Firstly, advances in laser technology allowed the development of
ultrafast lasers, with timewidth of femtoseconds and shorter, in the
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1. Prologue

last decades of the past century. Femtosecond pulses are now broad-
ening their reach in different applications ranging from medical sci-
ences to industry. Technically, such lasers became possible since the
advent of mode-locking technology [29, 30]. In a mode-locked laser,
the cavity modes oscillate with a definite phase, which interfere de-
structively except when they are all in-phase. This results in a train
of short pulses with a very short temporal width. Major features of
these lasers include high peak intensity (typically 105 times higher
than that of the same average continuous wave laser power), and
broad optical spectrum resulting in extremely short temporal width
(on the order of a few fs). Technical advancement in the femtosecond
laser technology helped replacing liquid gain media with solid-state
Ti:sapphire crystals to Yb:doped crystals and fibres, increasing the
average power and stability. Furthermore, second- and third-order
nonlinear optical effects were exploited to broaden the spectrum fur-
ther and tune the frequencies, enabling to cover frequency ranges from
mid infrared to ultraviolet. These properties make fs pulses an ideal
choice for many applications such as observing photoinduced pro-
cesses in bio-molecules, studying carrier dynamics in the operation
of opto-electronic devices, imaging live tissues by limiting the poten-
tial damage [31, 32] and industrial applications like laser ablation,
micromachining, waveguide writing and so on [33]. The development
of fs laser sources with devices capable of tailoring their properties,
opened up new doors in nanophotonics research. One of the most
notable application, particularly in the context of this thesis, is the
possibility of studying chemical dynamics of molecular systems on
the timescales otherwise impossible to access [34–36] and for probing
the optical nonlinearities of nanoantennas [37–39].

Secondly, in order to focus the interaction down to the nanoscale
and single-photoemitter level, high numerical aperture, low-background
micros-copy technique is required. Confocal microscopy, along with
high sensitive avalanche photodiodes (APD), electron-multiplying charge
coupled device camera (emCCD) and high resolution spectrometer
[40–44] enables diffraction limited, low background detection and

4



1.1. Scope of this thesis

spectroscopy of weak emitters like single molecules and quantum dots
[45–48].

Coherence is one of the most important feature of a light-induced
physical process. Coherent states with long lifetime is of fundamen-
tal importance in many physical processes like photosynthesis en-
ergy transfer, quantum computation, observation of electron dynam-
ics [49, 50, 50–52] etc. The study of excited-state coherence allows
for the fundamental understanding on Rabi oscillations, generation
of indistinguishable single photons and entangled photon pairs [53–
55]. Since the electronic excited state coherence is of the order of
few tens of fs, it becomes immediately obvious that broadband, fs
lasers are the only light sources that allow to probe the coherence
of a quantum state, which recently was demonstrated down to single
quantum dots and molecules [56, 57]. Needless to say, fs lasers have
broad frequency spectrum, which opens up the possibility of tuning
the amplitude and phase of individual frequency components to helps
to perform various spectroscopic studies addressing the quantum co-
herence, in general termed coherent control. Following the seminal
proposals from Shapiro, Brumer, Rabitz, Tannor and Rice [58–61],
based on the idea of steering a quantum system from a given initial
state to a target state via an external field, phase-shaped pulses were
used to achieve results ranging from the controlling reaction path-
ways and influencing the amount of photodissociation products in
molecular systems [62, 63], laser cooling of internal degrees of free-
dom of atomic systems [64], bioimaging [32] and energy flow in light
harvesting systems [51, 65, 66].

1.1 Scope of this thesis

It is clear so far, that the coherent control of light-matter interactions
at the nanoscale requires ultrafast temporal resolution and nanomet-
ric spatial resolution. Confronting this reality offers new directions in
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1. Prologue

the nanophotonics research, two of which turns out to be the specific
focus of original research described in this thesis work:

• To push the temporal limit of ultrafast single-emitter nonlinear
spectroscopy, to be able to coherently address the nonlinear
optical response of nanoantennas, paving way for a true all-
optical nanoscale light control.

• To control the vectorial angular second harmonic emission of
a nanoantenna by manipulating the properties of interacting
light.

To this end, original research was carried out by the author in the
research group, the results of which form the basis of this thesis. The
outline of the thesis is as follows:

Chapter 2 firstly introduces the basics of femtosecond laser pulses
and the techniques to characterize and control their properties, to
provide the reader with the background to understand the require-
ments of nanoscale coherent control experiments.It is then followed
by a description of nano material systems that are of our interest in
studying linear and nonlinear optical interactions that occur in the
time and intensity scales accessible only by our laser system.

Chapter 3 describes a truly all-optical coherent control experi-
ment, to coherently manipulate the localized surface plasmon oscil-
lations in a resonant gold nanoantenna by probing its two-photon
luminescence emission. This provides the capabilities of the optical
setup that can address photophysical processes that are as fast as 30
fs and lower.

Chapter 4 extends this study to the size-dependent multiphoton
resonances in a lossless dielectric nanoantenna, specifically in gallium
phosphide nanodisks, and explores the differences in nonlinear optical
coherences compared to that of metallic nanoantennas.

Chapter 5 investigates the origins of enhanced second harmonic
generation in gallium phosphide nanodisks and studies its polarization-
resolved radiation pattern. We observe the nonlinear generation of
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1.1. Scope of this thesis

radially polarized vector beams in the nanoantenna at second har-
monic wavelengths with circular polarization components. Results of
numerical methods to understand the observations based on multi-
polar decomposition will be described.

Chapter 6 combines the idea of coherent control with vectorial an-
gular emission and show a proof-of-principle experiment, which aims
to control the multipolar spectral interferences in a gallium phos-
phide nanodisk, thereby manipulating the properties of its radiation
pattern.

Lastly, the thesis is summarised by listing the main findings and
a future perspective to experimental research that these conclusions
can be based up on.
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2
Ultrafast nanophotonics

Controlling light at the nanoscale is a vibrant research field of re-
cent years. The progress in ultrafast measurement techniques have
improved our knowledge on the fundamental processes following the
light-matter interaction. In this chapter, firstly, the fundamentals
of femtosecond lasers, pulse characterization and techniques to tailor
the properties of the laser pulses are discussed. Based on this knowl-
edge, the experimental set up that is employed in practice for most of
the experiments in this thesis will be described, followed by the exem-
plary results on the the spectral phase-amplitude control of linear and
the nonlinear interactions of single photoemitters with femtosecond
pulses. Finally, we conclude the chapter by describing the Stokes po-
larization formalism that supplements the investigation of nonlinear
properties of nanoantennas in later Chapters.
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2. Ultrafast nanophotonics

2.1 Femtosecond laser pulses and their fea-
tures

Mathematically, an ultrafast laser pulse is quite straightforward to
define: for a given central frequency (ω0) and for a given complex
envelope (A(t)), we can define an optical pulse in time domain, with
a given temporal phase (φ(t)) as [67–70]:

E(t) = A(t)ei(ω0t+φ(t)). (2.1)

The Fourier transformation of Eq. (2.1) yields the spectral do-
main representation of this laser pulse:

E(ω) = A(ω)eiφ(ω) (2.2)

where A(ω) is the amplitude of the spectral components of the laser
and φ(ω) is called the spectral phase. Assuming a Gaussian spectral
envelope, Eq. ( 2.2 ) can be rewritten as,

E(ω) = e(
ω−ω0

∆ω
)2

eiφ(ω). (2.3)

Fig. 2.1 summarises the time and frequency domain representa-
tions of a fs laser pulse. Starting from a temporal profile of 15 fs
duration, we obtain the frequency domain representation by Fourier
transformation. The spectral phase is then obtained as the angu-
lar part of the Fourier transform. The shortest duration of a laser
pulse with a given spectral width is called the Fourier-limit or the
transform-limit (τ): if ∆ω is the bandwidth of a laser pulse, then,
what follows from the uncertainty principle is that, ∆ω × τ ≥ 2π.
This implies that a laser with a large bandwidth will have to be
extremely short in time domain.

From the experimental point of view, measurable quantities of
a femtosecond laser pulse are its spectral intensity |A(ω)|, spectral
phase φ(ω) and the average power. |A(ω)| is measured with a spec-
trometer and φ(ω) is extracted with a procedure described later in
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2.1. Femtosecond laser pulses and their features

Figure 2.1: Characteristics of a 15 fs Gaussian laser pulse. (a)
Electric field representation (b) Gaussian temporal envelope, (c) Fourier
transform of the time domain representation yields the spectral domain
representation, here converted to wavelength scale (d) Spectral phase of
this laser pulse.

the section 2.2.1. Average power is usually measured with a power
meter.

Mathematically, φ(ω) can be defined as a Taylor expansion of
many contributions:

φ(ω) = φ0 + φ1
(ω − ω0)

1!
+ φ2

(ω − ω0)2

2!
+ ... (2.4)

The first term in Eq. (2.4), φ0 is called the absolute phase or
the carrier envelope phase and defines the phase between the carrier
wave of frequency ω0 and the position of the intensity envelope |A(ω)|.
Note that φ0 is equivalent in both time and frequency domain and
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2. Ultrafast nanophotonics

becomes relevant only to pulses of single cycle long. Hence, it is
insignificant for the experiments described in this thesis. The second
term φ1 describes the group delay, which in time domain, defines the
delay t between a given ω and ω0, or time-shifts the pulse envelope
from an arbitrary zero-point. The group delay t is defined as t = − dφ

dω
.

The most important term concerning a major portion of this thesis
is the third term φ2, called the group delay dispersion (GDD), or in
general, linear chirp. Unlike the φ0 and φ1, a change in φ2 will result
in a change in pulse duration τ . The linear chirp manipulates the
laser frequency as a linear function of time with its sign governing
the ordering of the frequency components. Similar to the way the
group delay was defined before, GDD can be defined as,

φ2 = −d
2φ

dω2
. (2.5)

A positive value of φ2 implies that in the time domain, the fre-
quency increases with time, meaning the blue (high frequency) com-
ponents of the spectrum comes after the red (low frequency) compo-
nents. A negative value of GDD implies vice versa. Also, changing
the magnitude of GDD, changes the temporal width of the pulse and
from the Fourier relations, for a transform limited laser pulse length
τ , with a Gaussian spectral profile, for a given φ2, the resulting pulse
duration τo can be described as [71],

τ 2
o = τ 2 +

(
4 ln(2)(φ2)2

τ

)2

. (2.6)

Throughout this thesis, we will describe various experiments in
which |A(ω)| and φ(ω) are systematically manipulated to address
specific physical processes following the interaction of fs pulses with
single photoemitters. We also acknowledge that there exists blind
optimization experiments which employ what is called a genetic al-
gorithm without a priori knowing the required spectral phase or am-
plitude, and instead derives it via a feedback system. In this thesis
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2.2. Experimental setup

work we chose the deterministic approach and recommend the reader
to approach [72–74] for more information. In the following section,
we will describe our experimental methods for achieving coherent
control of nanoscale light-matter interactions.

2.2 Experimental setup

The setup for most of the experiments described in this thesis consists
of the following main elements: (a) a broadband Titanium Sapphire
laser, (b) a 4f shaper, (c) a confocal microscope with a sensitive photo
detector and a spectrometer.

The broadband Ti: Sapphire laser produces 10 fs pulses with a
repetition rate of 85 MHz at a central wavelength of 790 nm (Oc-
tavius, Menlo Systems/ Thorlabs). It is worth mentioning that the
peak power of a fs laser pulse is defined in terms of the pulse energy
Ep and τ and as: Pp = 0.94Ep

τ
, assuming a Gaussian profile [75, 76].

The pulse energy is simply the ratio of average power Pavg and the
repetition rate of the laser frep. In our case, Pavg = 300 mW, frep
= 85 MHz, τ = 15 fs, which gives us 3.5 nJ energy per pulse and
the peak pulse power of 0.23 MW. The collimated laser beam is di-
rected to the home-built 4f shaper in reflection geometry equipped
with a programmable spatial light modulator (SLM, from CRi, 640
pixels, dual mask) adapted from the MIIPS Box (from Biophotonic
Solutions Inc.).

In the 4f shaper, the laser beam first is spread over a grating
(600 lines/mm) and then disperses, and is focussed on the spatial
light modulator (CRi, 640 pixels, dual mask, ) setup at the Fourier
plane of a gold coated curved mirror of f=76 cm. The laser beam
entering the shaper travels a distance that amounts to 4 times the
focal length of the focussing element, a condition that is required to
maintain the pulses dispersion free (hence the name 4f shaper). Each
narrow spectral region of the dispersed laser beam gets assigned to a
single pixel in the SLM, which is made of transparent nematic liquid
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2. Ultrafast nanophotonics

Figure 2.2: The experimental setup. 15 fs pulses from a broadband
Ti: Sapphire laser enters a 4f shaper through a mirror, gets dispersed by a
grating and gets focussed on to the pixels of the SLM by a focussing element
with f focal length. The outgoing pulses are then directed onto the focus
of a high NA objective in a confocal microscope. For signal collection, we
employ single-photon counting APD or emCCD/spectrometer. M- mirror,
DM- dichroic mirror, L-lens, G-grating.

crystals which provide an electrically variable refractive index for a
given laser wavelength, that is polarised along the the extraordinary
axis of the crystal. By applying individual voltage settings to the pix-
els, one can independently manipulate the properties of the narrow
spectral range (depending on the range allowed for a given SLM). The
relationship between voltage applied and the resultant phase is de-
termined beforehand by a very careful calibration method, described
in detail in Monmayrant et. al. [77]. The dual mask arrangement
combines two liquid crystal cells arranged orthogonal to each other
in a way that is 45o to the incoming polarisation of the laser. This
feature allows to independently control phase and amplitude of the
laser pulses. The amplitude modulation that can be achieved is de-
fined as the cosine of differential retardance of the two liquid crystal
cells. Assuming Ein to be the amplitude of the incoming electric field
to the shaper, the amplitude of the output electric field Eout leaving
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the shaper is defined as [70, 77]:

Eout = Ein. cos(
ΦA − ΦB

2
)ei

(ΦA+ΦB)

2 (2.7)

which clearly shows the modified amplitude along with its phase.
The shaped laser beam fills the back aperture of a high numerical
aperture oil-objective (NA = 1.46) through an inverted confocal mi-
croscope (Zeiss Axiovert 200) enabling us to sharply focus on single
nanoscopic photoemitters and to collect their optical response. For
signal collection, we use single-photon sensitive avalanche photodiode
(MPD/ Perkin Elmer) and a spectrometer equipped with an electron
multiplying charge coupled device (emCCD) camera (Andor).

A broadband laser pulse that passes through a high index medium
experiences a chromatic dispersion depending on the wavelength.
This is due to the wavelength- dependent index of refraction of the
dispersive material. This is called the group velocity dispersion and
results in the variation in temporal profile of the laser pulse while
the spectrum remains unchanged. A normal dispersive material like
silica glass will introduce the dispersion in a way such that blue part
of the pulse travels slower than the red part, which we call positive
chirp, and the opposite is called negative or anomalous dispersion,
where blue part travels faster than the red part. Whatever the aim it
may be, it becomes important for an experiment that wishes to con-
trol spectral phase and temporal width of the pulses, to characterize
the dispersion of the excitation pulses at the sample volume.

2.2.1 Pulse compression

It is clear from the discussion above that it is important to deter-
mine a priori the φ(ω) of the laser pulse. Compressing the pulse in
time domain to its Fourier limit is the primary requirement before
any measurement involving a given spectral phase profile. There are
various methods of pulse characterization and compression employed
by different groups: (a) prism compression, where a pair of prisms
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compensate for the phase distortion depending on the distances and
angles between them, (b) frequency resolved optical gating (FROG),
a pulse pair made to interfere with each other, generating a FROG
trace which is then used to retrieve electric field and the phase [78, 79],
(c) spectral phase interferometry for direct electric field reconstruc-
tion (SPIDER), which uses a trio of pulses, one of which is chirped
and all three are made to interfere for generating sum frequency gen-
eration [80], (d) grating eliminated no nonsense observation of ultra-
fast incident laser light electric fields (GRENOUILLE), a simplified
technique derived to reduce the complexity of FROG [81], (e) crossed
beam spectral interferometry, also called SEA-TADPOLE, which is
a linear and sensitive technique simplifying the alignment problems
in FROG and GRENOUILLE [82] and (f) multiphoton intrapulse
interference phase scan (MIIPS), the technique that we use for ex-
periments described in this thesis [83–85].

The versatility of MIIPS is that 4f shaper-assisted characteriza-
tion and compensation happens in a single step. The techniques (a)
to (e) involve characterizing the pulse followed by compensating for
the distortion, which makes the procedure lengthy and cumbersome.
On the other hand, MIIPS is able to determine φ(ω) of the pulse
and compensate for the distortion by adding -φ(ω) in a matter of few
minutes, through an automatic iterative algorithm. It works directly
in the spectral domain and considers the fact that second harmonic
generation (SHG), or in general, any multiphoton process, involves
the simultaneous summing of multiple frequencies to generate a new
frequency. The phase between multiple frequencies generate a partic-
ular SHG depending on the constructive or destructive interference
in the absorption pathways. As the GDD is correlated with the SHG
intensity, at any given frequency, SHG is maximized if the GDD is
minimum. Later in section of this Chapter and in Chapters 3 and
4 we make use of this principle to demonstrate the spectral phase
control of SHG response. This means that, a pulse can be made
transform limited, by applying suitable phase masks and maximizing
SHG for the whole spectrum.
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The standard implementation of MIIPS works like this: Consider
the spectral phase of the laser pulse to be φ(ω). With the shaper, we
introduce a sinusoidal reference phase f(ω) = α cos(γ(ω − ω0) − δ),
where α describes the amplitude of the phase modulation, γ denotes
its frequency, and δ describes the offset phase with respect to the
central frequency ω0 on top of φ(ω) (shown in Fig. 2.3 (a)). In time
domain, this is a pulse train where the pulses are separated by γ fs.
During the MIIPS routine, the δ is ran from 0 to 2π and for every
value of δ, corresponding SHG spectrum is measured. Subsequently,
the δ that maximises the SHG spectrum is found. It is clear that
SHG is maximized when the second derivative of the total phase
φ(ω) + f(ω) = 0. This implies that φ′′(ω) = −f ′′(ω), which means
φ′′(ω) = αγ2 cos(γ(ω − ω0) − δ). The original φ(ω) is then easily
obtained. It is then trivial to add −φ(ω) to the spectral profile to
compensate for the distortions.

A complete MIIPS iteration results in a spectrogram of SHG spec-
tral intensity with respect to δ, shown in Fig. 2.3 (b):

Figure 2.3: MIIPS spectrogram. (a) The phase modulation used in
MIIPS algorithm. A sinusoidal phase with an offset δ is added on the laser
spectrum. Corresponding SHG spectrum is measured for every δ value.
(b) The SHG spectrogram obtained after a full MIIPS iteration shows two
lines where SHG is maximum, separated in phase offset of π radians, (c)
The simulated spectrogram for a 15 fs pulse matches the experimental
result.
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It is easy to appreciate the pulse characteristics from a MIIPS
spectrogram. The lines of maximum intensity in the spectrogram
lie π radians apart and are perfectly parallel to each other in the
best case. A non-π separation indicates uncorrected second-order
distortion and a tilt of the line shows third-order distortion of the
pulse. In Fig. 2.3 (c) we show a simulated MIIPS spectrogram based
on our experimental parameters, which nicely correlates with the
measured one.

Figure 2.4: Summary of MIIPS. (a) Temporal profile of the laser pulse
before the MIIPS compression shows the chirped pulse profile (b) After
MIIPS, the pulse becomes transform limited and attains a Gaussian profile
with FWHM = 15 fs. (c) The spectral profile before MIIPS with the
spectral phase showing the second order phase distortion (d) The spectral
profile after MIIPS has the same shape, however, the spectral phase flattens
to zero radians across the whole spectrum.
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Recently, an improvised version of the MIIPS technique was pro-
posed, called the gated MIIPS. The procedure involves an amplitude
gate scanned across the laser spectrum that helps estimate the spec-
tral phase more accurately and correct for the higher order phase
distortions and shaper artifacts [86]. We do not consider the tech-
nique as it strictly only applies for pulses as short as 10 fs.

The Fig. 2.4 we show a summary of the nature of the laser pulse
before and after a MIIPS iteration both in temporal and spectral
domain. Starting from a chirped laser pulse, which has a quadratic
spectral phase due to second order phase distortions, we perform
MIIPS iteration to eventually achieve a transform limited Gaussian
pulse in time domain, which in frequency domain has a flat, zero
phase for the whole frequency range.

To demonstrate that the pulse compression down to the Fourier
limit results in accurate characterization of our excitation pulses, we
perform a FROG scan detecting SHG and compare the result with
the simulation. This makes sure that the excitation pulses are free of
phase distortions at the sample volume. It is a critical requirement to
have critical phase stability at the focus of a microscope objective to
be able to make experiments on single molecules and nanoantennas,
free of artifacts.

It is clear that the experimental FROG trace correlates well with
the simulated one. Thus, our MIIPS pulse compression scheme fol-
lowed by the FROG characterization ensures that the laser pulse is
Fourier limited at the excitation volume. This provides the right
scenario for implementing arbitrary phase-shaping of laser pulses to
investigate specific light-matter interactions.
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Figure 2.5: Pulse characteristics at the excitation volume. (a) The
FROG spectrogram of 15 fs pulses after MIIPS compression (b) The sim-
ulated FROG spectrogram of a 15 fs pulse matches well with the observed
one.

2.3 Nanomaterials

For the experiments described in this thesis we mainly studied the in-
teraction of fs laser pulses with nanomaterials of three different types:
metal nanoantennas, dielectric nanoantennas and single molecules.
Nanoantennas are subwavelength structures made of metals (in our
case gold (Au)) or high-index dielectric materials (gallium phosphide-
GaP). In general, these structures are made by electron-beam lithog-
raphy followed by lift-off or etching procedures. For single molecule
experiments, a solution of specific concentration is prepared and spin-
coated on to the microscope coverslip.

Metal nanoantennas generate coherent electronic oscillations on
interaction with light, called localized surface plasmons, which, de-
pending on the dimensions of the structure, resonate in a particular
frequency. These plasmon resonances are accompanied by strong ab-
sorption, scattering and local field enhancements, which gave birth to
the field of plasmonics with numerous applications [87]. These reso-
nances are size dependent, due to the fact that the dielectric constant
ε of a material depends on its size. From the Drude model [3], we
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know that:

εD(ω) = 1−
ω2
p

ω2 + iγω
, (2.8)

where ωp is the plasmon frequency of the bulk metal and γ is the
damping constant that relates to the width of the plasmon resonance
band. γ relates to the lifetime associated with the electron-electron
and electron-phonon scattering processes in the metal. On the other
hand, in dielectric nanoantennas, surface plasmons are absent. The
induced polarisability on interaction with light, creates Mie-like res-
onances which are tunable by varying the geometry. One of the most
important feature that distinguishes plasmon resonances with Mie-
type resonances in dielectric materials is the difference in losses. In
metals, conduction electrons suffer from radiative damping and re-
sults in the dephasing of their coherent response. On the contrary,
dielectric materials have extremely low losses and hence, naturally, a
dielectric nanoresonator would exhibit a longer “dephasing" time. In
Chapters 3 and 4, we address these contrasting dephasing properties
with phase control experiments.

We will now proceed to discuss briefly two examples of controlling
the interaction between fs pulses and single nanoemitters by tailoring
the spectral phase and amplitude of the former.

2.4 One-photon phase control: fluorescence

Considering the interaction of a weak femtosecond pulse with a two-
level system, given that |g > and |f > are the two states having
energies Eg and Ef , the amplitude of the excited state is given by
the first order perturbation theory [88] as,

af (t) =
µfg
ih

∫ t

−∞
ε(t1)exp(iω0t1)dt1 (2.9)

with µfg being the dipole moment matrix and ω0 the frequency corre-
sponding to the energy difference between the levels. It is clear that
in such a case, the transition probability for a one-photon transition
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depends only on the energy content of the frequency involved in the
excitation spectral range as the expression involves no factor of the
spectral phase.

For the experiment, we use single light harvesting complexes (LH2)
which are the pigment-protein antenna complexes found in purple
bacteria Rhodopseudomonas acidophilas involved in the preliminary
stages of photosynthesis. These antenna complexes recently got wide
attention due to the observation of long-lived coherences that are
believed to be the reason for the extremely high energy transfer ef-
ficiency in the system, giving rise to two major discussions in the
recent research: quantum biology and artificial light harvesting sys-
tems [89–94]. The LH2 has the absorption spectrum as shown in the
Fig. 2.6 (c), due to the two closely lying rings of chromophores called
B800 and B850 respectively, named respectively after their absorp-
tion peaks.

In this experiment, we try to measure the excitation spectrum of
a single LH2 molecule [95, 96]. To measure the excitation spectrum
of a given fluorophore, we first generate an interfering pulse pair and
record the corresponding fluorescence. This Fourier approach has
been demonstrated by generating the pulse pair with a mechanical
delay line [97, 98] and very recently in single molecules [99]. This
approach can also be realised using an SLM in our setup with suitable
combination of spectral phase and amplitude shaping. Our method is
free of beam-pointing instabilities and artifacts caused by mechanical
errors in the driving mechanism of delay lines.

In the experiment, we apply the following combination of am-
plitude and phase to the SLM: A =| cos((ω − ωc)

τ
2
) | and φ =

π
2
sign(cos((ω− ωc) τ2 )) + 1) where τ is the delay and ωc is the carrier

frequency, as shown in Fig. 2.6 (a). The sign function takes values
+1 when ω > ωc and -1 when ω < ωc. By scanning the delay τ

with step size < 1 fs, on measuring the fluorescence with an APD,
we obtain a fluorescence excitation interferogram (Fig. 2.6 (b)). The
oscillations are the result of interference of absorbed optical frequen-
cies. The Fourier transformation of this linear autocorrelation trace
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Figure 2.6: One-photon phase shaping(a)Excitation laser spectral pro-
file with phase function and amplitude functions required to generate a
pulse pair (b) Fluorescence interferogram obtained after a time-delay scan
of laser pulses from -150 fs to 150 fs in sub-fs steps (c) ensemble absorption
spectrum of LH2 solution (d) excitation spectrum of a single LH2 molecule
obtained by Fourier transforming the interferogram.

would yield the excitation spectrum convolved by the laser spectrum,
which on division by the latter yields the excitation spectrum of a
single LH2 molecule Fig. 2.6 (d). Comparing with Fig 2.6 (c) we can
see that the excitation spectrum of a single LH2 molecule matches
well with the ensemble absorption spectrum of the system.

Although the excitation spectrum provides some information on
the properties of the excited state of a molecular system under study,
one can probe a coupled system of energy flow like LH2 through
a pump-probe experimental approach. Such studies have been per-
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formed at the single molecule limit by [51], however, there is a per-
petual debate on the feasibility of weak field coherent control ex-
periments [100]. Recently, in [101] it was shown that fluorescence
intensity is independent of the absolute phase of the laser pulses and
is only sensitive to phase between the pulses.

2.5 Two-photon phase control: second har-
monic generation

The idea of phase control of two-photon transitions starts from the
works from Broers et. al., and Meshulach et. al., [88, 102]. At higher
excitation powers, where the optical response to the incident light
is nonlinear, in a suitable material, a broadband laser can induce
multiphoton excitation pathways, and the phase of each frequency
within the pulse which results in the absorption process, can enhance
or suppress a transition, as demonstrated in a series of works from
Dantus et. al.,[84, 103–105]. This is achieved by realising quantum
interference between the various pathways leading to the same final
state. From the second order perturbation theory, one can write the
amplitude of the excitation state as:

af (t) =
µfg
−h2

µfnµng

∫ t

−∞

∫ t1

−∞
E(t1)E(t2)e(iωfnt1)e(iωngt2)dt2dt1,

(2.10)
where ωij =

(Ei−Ej)
h̄

and the summation is performed over all possible
intermediate states of the system. Refraining from detailed deriva-
tions, this in the frequency domain representation, for a two photon
transition turns into:

E(2)(2ω0) = D(ω) ∗
∫ ∞
−∞

E(ω − Ω)E(ω + Ω)ei(φ(Ω)+φ(−Ω))dΩ. (2.11)

Importantly, contrary to one-photon transitions, we can integrate
over all the detuning contributions that add up to 2ω0. Here Ω =

ω−ω0 is the spectral detuning andD(ω) acts as a frequency filter that
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defines the SHG efficiency for any given frequency in the spectrum,
the significance of which will be clear in the following section. In
other words, two-photon transitions occur for all pairs ωi and ωj

which satisfies the condition ωi + ωj = ω0 and ωi and ωj lie within
the excitation pulse spectrum. This means that two photon transition
probability can be controlled by tailoring the spectral phase of the
pulse. It is obvious that this probability is maximized for a given
energy and power spectrum by the transform limited pulse, that is,
when φ(Ω) = 0.

Figure 2.7: The concept of spectral phase interferences with a
broadband excitation. (a) The energy level diagram that shows the
interference of two-photon pathways to achieve a transition from Eg to
Ef . (b) A broadband pulse can excite a 2-photon transition with any pair
of frequencies that is detuned by Ω.

To demonstrate this control, we choose SHG, the most commonly
studied nonlinear optical process. SHG is a parametric process where
the frequency of an incident light beam gets doubled on interacting
with a suitable nonlinear crystal. In classical nonlinear optics, SHG
is defined as a process that results from the induced polarization
in a material, following the interaction with an intense optical field.
The induced instantaneous polarization response P of the material
following the interaction with the incident optical electric field E(r,t)
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is expanded as a Taylor series of the amplitude of the field as:

P(r, t) = ε0χ
(1)E(r,t) + ε0χ

(2)E(r,t)2 + ε0χ
(3)E(r,t)3... (2.12)

where χ(n) represents the n−th order susceptibility tensor with n

being a positive integer that describes the optical properties of the
medium and ε0 is the vacuum susceptibility. The second order non-
linear response of any material, is thus governed by the χ(2) of the
material. If we use the contracted notation and symmetry conditions
[106, 107], the 3× 3× 3 - component χ(2) tensor is reduced to a 6× 3

- component nonlinear coefficient matrix dil. This implies the Eq.
(2.12) for SHG process simplifies to:

Px(2ω)
Py(2ω)
Pz(2ω)

 = 2ε0

d11 d12 d13 d14 d15 d16

d21 d22 d23 d24 d25 d26

d31 d32 d33 d34 d35 d36



Ex(ω)Ex(ω)
Ey(ω)Ey(ω)
Ez(ω)Ez(ω)
2Ey(ω)Ez(ω)
2Ex(ω)Ez(ω)
2Ex(ω)Ey(ω)

 .
(2.13)

It is clear from Eq. (2.12) that SHG is forbidden in a material
with inversion symmetry. Thus isotropic crystals like Au, Ag, Si etc.
cannot generate SHG from the bulk. However, in these materials
at the surface, the symmetry is broken and SHG is permitted. On
the other hand, it is also possible to use materials with high value
of χ(2), like III-V semiconductor materials to generate bulk SHG.
Eq. (2.12) also implies that by enhancing the electric field intensity
in nanomaterials with plasmonic or Mie resonances or by high-peak
power fs lasers, we can generate efficient SHG as its intensity varies
quadratically with the incident electric field. Strong electric field en-
hancement produced in the near-field of nanoparticles as a result of
plasmonic or Mie resonances results in the enhanced second order
or third order nonlinear optical processes as it has | E |2 or | E |3
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dependence respectively. In Chapter 3 we demonstrate the enhance-
ment of nonlinear optical process like two-photon photoluminescence,
by plasmon resonance and the high peak power. In Chapter 4 and
Chapter 5 we show the control of SHG and multi-photon photolumi-
nescence by field enhancement due to Mie resonances and the high
value of χ(2). As the size of these nanoparticles are very small com-
pared to the excitation spot size, phase matching conditions of the
fundamental and the second harmonic frequencies are automatically
fulfilled in our experiments.

The simplest nonlinear phase control experiment is to change the
GDD, as illustrated in Fig. 2.8 (a), which results in the change of
temporal duration of the pulse from its Fourier limit. Chirped pulses
have been used for various different applications in the past [108–
110]. From Eq. ( 2.11 ) we can obtain the SHG spectrum following
chirp phase modulation as:

E(2)(2ω0) =

∫ ∞
−∞

E(ω − Ω)E(ω + Ω)ei(φ2
(ω−ω0)2

2!
)dΩ ∗D(ω) (2.14)

Following this phase modulation, the temporal duration of the
pulse will change according to Eq. ( 2.6 ). In our experiment, we
excited single BaTiO3 nanoparticles at the focus of the microscope
and detected the corresponding SHG spectrum with the spectrome-
ter, corresponding to different values of GDD from -1000 fs2 to -1000
fs2. The simulated SHG response, spectrally integrated, is shown in
a log-log scale in Fig. 2.8 (b). Since the SHG intensity is ∝ 1

τ
, in

a log-log scale we observe SHG intensity variation with respect to
excitation pulse duration as a straight line with slope = -1 [111, 112].
As is clear from Fig. 2.8 (c), the SHG spectrum is symmetric around
0 fs2, in addition to the symmetry around the central wavelength
395 nm. The result fits well with the simulated SHG response in Fig.
2.8 (d), calculated based on the excitation laser profile in our case.

We have concluded that transform-limited pulses are optimal as
it excites a given transition from Eg to Ef in the most effective way
possible with a given power spectrum. However, Meshulach et. al.
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Figure 2.8: Two-photon phase shaping with SHG (a) The idea of
GDD scan. The value of GDD describes the steepness of the parabolic
curve. ω0 is chosen to be the central frequency of the laser spectrum. (b)
Calculated SHG signal as a function of applied GDD with an APD (c)
Measured SHG spectrogram as a function of applied GDD phase, from
−1000 to +1000 fs2 (d) Simulated SHG spectrogram agrees well with the
experimental data.

[88] have shown that pulses modified by a phase function antisym-
metric around ω0 is also optimal. This kind of π phase step is defined
as:

φ(ω − ω0) =
π

2
sign(ω − ω0) (2.15)

where the sign function takes values ±1 when ω > ω0 and ω < ω0

respectively. This means that φ(ω) has a jump at ω0 as described in
Fig. 2.9 (a). If ω0 is scanned through the laser spectrum, the inte-
grated SHG intensity gets modulated due to the two-photon spectral
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interferences as shown in Fig. 2.9 (b). Similarly, in Fig. 2.9 (c)
shows the variation in SHG spectrum with the position of ωstep. Ini-
tially, when the ω0 is at the blue part of the laser spectrum, the
bluer part of SHG spectrum stays high compared to the red part.
As ωstep reaches ω0, the SHG intensity reaches almost zero except at
2ω0. When ωstep = ω0 the intensity reaches the maximum back again
along the diagonal. In fact this can be explained in a simple way:
From Eq. ( 2.12 ) it can be shown that SHG intensity will be also
maximized for any phase antisymmetric around ω0, in addition to a
flat phase. However, we have not yet considered the influence of the
filter function D(ω). For a thin nonlinear crystal, we can approxi-
mate D(ω) by a constant value over the excitation spectrum, because
all the input frequencies are converted to the second harmonic fre-
quencies corresponding to the respective spectral amplitude. Hence,
the SHG spectrum gets modulated only as a result of the spectral in-
terference. The Fig. 2.9 (d) shows the calculated spectrogram which
nicely corresponds to the experimental result.

We now investigate the effect of spectral content and pulse du-
ration of the excitation pulses in this experiment. To control the
spectral content, we put Gaussian functions corresponding to differ-
ent pulse durations as filter functions in Eq. (2.14) and calculate
the SHG spectral evolution. This is achieved by replacing D(ω) with
e(− log(4)∗((ω−ω0)./dω).2) where dω is the full width at half maximum
bandwidth of the Gaussian function. We find that in addition to
the narrowing of SHG spectrum, the intensity modulation is also af-
fected. This can be explained from the definition in Eq. (2.14), that
when the spectral content that defines the interaction is narrow, the
interference term has a constant value before the interference shows
its effect in the spectral range available. This shows the direct effect
of spectral phase modulation on the spectral content of the excitation
laser.

In another approach, we introduced the GDD parameter to change
the pulse duration and investigated its effect on the π step phase scan.
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Figure 2.9: SHG signal dependence on the spectral π step phase
scan.(a) The idea of spectral π scan (b) SHG signal variation measured
with APD. (c) Measured SHG spectrogram (d) Calculated SHG spectro-
gram with the experimental parameters matches well with the observed
one.

We found that for the GDD corresponding to the same pulse dura-
tions in the previous case, the SHGmodulation response is completely
different. Once again, this shows the relevance of spectral content of
the excitation laser in a phase control experiment. In Fig. 2.10 (a),
the SHG response is dominated by the frequency components avail-
able to interfere depending on the bandwidth that is varied, while
in Fig. 2.10 (b), it is dominated by the interference of GDD phase
(which is applied to chirp the laser pulse) and the π phase step cor-
responding to each frequency component.

So far in this section, we have decided the amplitude of the phase
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2.5. Two-photon phase control: second harmonic generation

Figure 2.10: Effect of the spectral width and the temporal width on π step
scan. (a) The calculated SHG response on π step scan with Gaussian filter
functions of different spectral widths. (b) The calculated SHG response
on π step scan with different pulse durations achieved by corresponding
GDD parameters.

step to be π. To verify that π step phase is indeed the superior
phase step to minimise a two-photon response, we measured the SHG
response when the amplitude of the phase step applied astep is varied
from 0 to 2π (see Fig. 2.11 (a)). It is obvious from the result shown
in Fig. 2.11 (b) that the minimum SHG intensity is achieved when
the phase step amplitude is π. The calculated SHG response shown
in black line nicely correlates with the observed SHG signal variation.

The ability to manipulate spectral phase and amplitude of the ex-
citation pulses at the microscopic excitation volume has thus shown
to be a useful tool in controlling nonlinear optical processes like SHG
following the interaction of laser pulses with single photoemitters.
As mentioned before, since SHG is sensitive to molecular symmetry
breaking, it has found many useful applications in biological sys-
tems such as imaging collagen distribution, membrane potential etc.
[113–120]. Most of these studies involve studying polarization depen-
dence of second harmonic signal, due to the information it provides
on the orientation of individual emitters in an ensemble [121–123], on
the anisotropies in a material [124, 125], on the chiral properties of
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2. Ultrafast nanophotonics

Figure 2.11: SHG signal dependence on the amplitude of phase
step. As the amplitude is varied from 0 to 2π, the SHG signal drops and
reaches minimum for astep = π.

nanomaterials [126] etc. Therefore, we combine our nonlinear opti-
cal investigation with the polarization analysis, specifically described
later in Chapters 5 and 6 to obtain insights on the nonlinear optical
processes in resonant nanoantennas.

2.6 Polarization control of nonlinear opti-
cal processes

Polarization is a vectorial property of light that gives detailed infor-
mation on the physics of light generation and scattering from a light-
emitting source [127]. Mathematically, it is trivial to show that, for a
light beam that consists of two independent orthogonal components
with amplitudes Ex and Ey with different phases, its polarization can
be described by:

E2
x

E2
0x

+
E2
y

E2
0y

− 2
ExEy
E0xE0y

cos(δ) = sin(δ)2, (2.16)

where Ex and Ey are the instantaneous X and Y amplitudes, with E0x

and E0y the corresponding maximum amplitudes and δ is the differ-
ence between X and Y phases. The Eq. (2.16) represents an ellipse as
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2.6. Polarization control of nonlinear optical processes

Figure 2.12: Polarization ellipse and Stokes parameters. (a) Polar-
ization ellipse showing the orientation angle ψ and ellipticity χ. (b) Dif-
ferent states of polarization represented on the surface of Poincare sphere,
whose three axes are the three Stokes parameters.

shown in Fig. 2.12 (a) called the polarization ellipse [128–130]. The
Stokes formalism [130], is a generalised representation that trans-
forms these parameters to the intensity (observable) domain that
can be measured. By definition, the four Stokes parameters are S0

(total intensity), S1 (difference in intensities between horizontal and
vertical linearly polarized components), S2 (difference in intensities
between linearly polarized components oriented at +45o and -45o)
and S3 (difference in intensities of left and right circularly polarized
components), in combination with degree of polarization (ρ), polar-
ization orientation angle (ψ) and the ellipticity angle (χ). ρ is related

to Stokes parameters via the relation ρ =

√
(S2

1+S2
2+S2

3)

S0
and shows if

the light is polarized or not.
Experimentally, the Stokes parameters are determined by a po-

larimetry setup by combining a quarter-wave plate (QWP) and a
linear polarizer before the emCCD camera, which records the SHG
emission in six different polarization states: linear horizontal (LHP),
vertical (LVP), two diagonal (Pol +45 and Pol -45) and two circular
(RCP and LCP) as described by Eq. (2.17) - Eq. (2.20):
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2. Ultrafast nanophotonics

S0 = I(0, 0) + I(90, 0) (2.17)

S1 = I(0, 0)− I(90, 0) (2.18)

S2 = I(45)− I(135) (2.19)

S3 = I(RCP )− I(LCP ). (2.20)

The ψ and χ are related to Stokes parameters as:

ψ =
1

2
tan−1(

S2

S1

) (2.21)

χ =
1

2
sin−1(

S3

S0

) (2.22)

The Stokes parameters S1, S2 and S3 are usually normalized by S0,
between the values -1 and +1. When S1 = ±1 we have LHP or LVP,
for S2 = ±1 we have ±45o polarizations and for S3 = ±1 we have
RCP or LCP respectively. Also, χ = 0 suggests linear polarization,
0 < χ 6 45o suggests right handed and −45o 6 χ < 0 suggests
left handed polarizations and it is perfectly circular at χ = ±45.
The values of ψ show the orientation of the polarization ellipse with
respect to X axis. Thus, the Stokes parameters allow to determine
any figure of merit for polarization by determining appropriate ratios
between these parameters. Since S2

0 = S2
1 + S2

2 + S2
3 , any state of

polarization can be represented (detailed mathematical formulations
in [3]) on the surface of a sphere, called the Poincare Sphere, as we
show in Fig. 2.12 (b).

Polarization state of the emitted SHG from nanoantennas provide
valuable insights to distinguish between various resonant antenna
modes in those structures, as we will show in Chapter 5. Further-
more, in Chapter 6, we describe the first results of a novel experiment
in which we combined the technique of spectral phase shaping with
Stokes analysis to control modal interferences in nanoantennas.
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2.7 Conclusions

To summarize, in this chapter we have introduced the fundamental
mathematical formulation to describe the properties of broadband fs
lasers. Following this, the theoretical and experimental schemes to
perform spectral phase and amplitude modulation of these pulses at
the nanoscopic excitation volume were provided. It was demonstrated
that achieving Fourier-limited pulses at the excitation volume is im-
portant and the pulse compression routine that is followed to ensure
that was described. Based on this background, we showed experimen-
tal examples of linear, one-photon and nonlinear, two-photon coher-
ent control experiments on single nanoscopic light emitters. A specific
π phase step coherent control scheme was introduced to control non-
linear optical responses that will be used in subsequent chapters to
investigate a specific photoemitter system. Finally, the Chapter is
concluded by adding the importance of polarization analysis of sec-
ond harmonic generation studies of nanoscopic resonant systems and
the mathematical formalism of Stokes analysis. To summarize, this
Chapter provides fundamental background for the reader to iden-
tify the broad context of nonlinear optical investigations of different
nanoscopic light emitting systems.
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3
Phase control of plasmon

resonances in Gold nanoantennas

Plasmonic nanoantennas emit two-photon photoluminescence, which
is much stronger than their second harmonic generation. Unfortu-
nately, luminescence is an incoherent process and therefore generally
not explored for nanoscale coherent control of the antenna response.
Here, we demonstrate that, in resonant gold nanoantennas, the two-
photon absorption process can be coherent, provided that the excita-
tion pulse duration is shorter than the dephasing time of plasmon
mode oscillation. Exploiting this coherent response, we show the pure
spectral phase control of resonant gold nanoantennas, with effective
read-out of the two-photon photoluminescence.
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3.1 Introduction

Surface plasmon resonances in nanoantennas result in the concentra-
tion of the electromagnetic field in subwavelength hotspots, which
is widely explored to enhance the fluorescence [13, 14] and Raman
scattering response of molecules [15, 16]. Beyond an enhanced am-
plitude, the electromagnetic field of the antenna resonance exhibits
an intrinsic phase response, in space and time [131]. The subwave-
length amplitude-phase feature allows nanoscale coherent control of
the nanoantenna and manipulation of light-matter interaction at the
nanoscale, to boost non-linear processes for the development of nanoscale
devices. Unfortunately, owing to intrinsic metal losses, it is challeng-
ing to observe the coherent response of plasmons, as they are typically
short-lived. The typical dephasing times for Au and Ag nanostruc-
tures vary from below 10 fs to few tens of femtoseconds [132, 133].

In pioneering theoretical papers Stockman and co-workers [134,
135] proposed the use of tailored phase modulation of excitation fem-
tosecond pulses to control the spatial distribution of optical fields in
nanostructures, provided the excitation time is ensured to be shorter
than the dephasing time. Aeschliman et al [136] showed the control
of the optical near field in the vicinity of silver nanostructures by
means of two photon Photo-Emission Electron Microscopy (PEEM)
and adaptive modulation of the excitation polarisation of femtosec-
ond pulses.

For the best performance of a nanoscale plasmonic device, an
all-optical control scheme is preferred. Control of light with light,
exploiting nanostructures as a platform, has been shown by many
groups. For example, Novotny and coworkers [137] proposed the
control of intensity and direction of scattered light from a nanowire
by adjusting the coherent interaction between the polarization cur-
rents generated by linear and second harmonic scattering. Sukharev
et al [138], showed control of energy transport in a chain- structure
of nanoparticles, adjusting polarization and phase between transverse
and longitudinal plasmonic modes. While Papoff et al [139] proposed
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to use the phase between excitation field and generated multiphoton
signal to control absorption and scattering in nanospheres. Follow-
ing the early proposal by Stockman and co-workers [134, 135] several
groups modelled the response of nanoparticles to ultrafast broad-
band lasers. Gray and coworkers [140] calculated the spatiotempo-
ral control of localised electromagnetic field hotspots on nanowire
and nanocone systems with respect to the sign of the chirp of ex-
citation laser pulses. Scherer and coworkers [141] demonstrated the
generation, control and focussing of plasmonic wave packets in silver
nanowire systems, while Hecht and coworkers [142] calculated de-
terministic spatiotemporal control of nano-optical fields in two wire
plasmonic nanocircuits and asymmetric nanoantennas.

First ultrafast experimental optical coherent control was presented
by Kubo et al [143] showing spatiotemporal dynamics of propagat-
ing plasmons at sub-femtosecond timescale using PEEM for nanoscale
imaging, a technique picked up by several others [144–146]. The Zent-
graf group [147] showed an all-optical control of a coupled plasmonic
structure, controlling the phase between two competitive channels.
Recently, the Lienau group [148] presented broad-band spectral in-
terferometry at different spatial positions of a slit-groove structure to
reconstruct the dispersion of the surface plasmon upon propagation.
In another notable advancement, the Imura group combined near
field microscopy with ultrafast nanoplasmonics and demonstrated the
plasmonic wavepacket interference of two simulataneously launched
higher-order plasmon modes in a long Gold nanorod, in a similar sys-
tem to ours yet with a different experimental approach [149] In an
earlier work, the same group had shown that on a rough gold film, the
linear phase modulation of excitation pulses resulted in local variation
of intensities which they attributed to the control of interference of
local excitations [150] . Yet despite progress on detection and control
of phase on propagation, a systematic, true optical coherent control
on a fundamental dipole plasmon mode remains challenging due to
the very short dephasing time of the plasmon oscillation in the 25 fs
range.
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3.2 Resonance enhanced two-photon pho-
toluminescence

We first investigate the two-photon photoluminescence (TPPL) re-
sponse of Au nanoantennas. Arrays of Au nanoantennas (each 50
nm in width, 50 nm in height and length increasing from 50 nm to
300 nm) were fabricated with electron beam lithography on a glass
coverslip with a 10 nm thin indium tin oxide adhesion layer. The
individual nanoantennas are excited at the focus of a high NA objec-
tive with the exciting laser polarized linearly along the long axis of
the individual nanoantennas, at an average power of 6 X 104 W/cm2

in the diffraction-limited spot, collecting the spectrally integrated
TPPL signal in epi-fluorescence mode with 670 and 680 nm short-
pass in front of the APD. We also used a 450 long-pass filter to make
sure we reject the contribution of SHG. Fig. 3.1 (a) shows the TPPL
image of the 50 µm x 50 µm nanoantenna array. We find that for
790 nm central wavelength, the resonant Au nanoantenna length is
140 nm, with a length distribution of 70 nm shown in (b). In Fig.
3.1 (c) we show the simulated extinction spectrum of a 120 nm long
Au antenna, which shows the SPR peak at 800 nm.
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3.3. Power dependence of TPPL

Figure 3.1: Plasmon enhanced TPPL. (a) TPPL image of an array
of Au nanoantennas with increasing length from 50 nm to 300 nm (from
left side to right side). (b) TPPL response shows the dipole resonance at
antenna length of 140 nm. (c) Simulated extinction spectrum of a 140 nm
Au nanoantenna showing plasmon resonance peak at 800 nm.

3.3 Power dependence of TPPL

Next, to investigate the power dependence of the two-photon signal
in Au, we measured the two-photon spectra in the spectral range 370
nm to 650 nm corresponding to a sweep in excitation power, as it
was varied from 0 to 60 kW/cm2 in 51 steps by carefully varying the
transmission mask in the SLM from 0 to 1. The Fig. 3.2 (b) shows
the full TPPL spectrum of a single resonant Au nanoantenna. One
can also identify the weak and narrow SHG spectrum in the range
370 nm to 440 nm.

Subsequently, we build a complete two- photon power spectro-
gram, average of many measurement cycles, which shows the evo-
lution of the spectral response of the SHG and the TPPL to the
variation in excitation power ( Fig. 3.2 (c) ). To derive the power
dependence, we bin the collected spectrogram with a resolution of 6
nm and fit with the power law Iout = aIbin where Iin and Iout are the
input and the output powers respectively. Fig. 3.2 (b) also shows
the fit values of the b, the power law exponent, with error bars, plot-
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Figure 3.2: Nonlinear optical response of a resonant Au nanoan-
tenna. (a) The two- photon spectrum of a nanoantenna showing the spec-
tral range of SHG and TPPL. Spectrally resolved fit values for the power
law shows that the SHG follows quadratic power dependence. The TPPL
deviates slightly and has an average power dependence of 2.25. The exci-
tation intensity is controlled by carefully varying the transmission mask in
the SLM from 0 to 1 and the corresponding spectrum is collected by the
spectrometer. (b) Evolution of the full two-photon spectrum for a sweep
of input power from 0 to 60 kW/cm2.

ted against the wavelength. The plot confirms the strict quadratic
power dependence of SHG spectral response. The average power de-
pendence of the TPPL is 2.25, which implies that there are possibly
contributions from higher order absorption processes.

3.4 Phase response of TPPL

Next, we investigate the phase response of the TPPL. We start with
a basic phase control experiment: increasing the second order disper-
sion of the excitation laser pulse from its shortest possible duration-
the transform limit- to a given longer pulse duration, and collecting

42



3.4. Phase response of TPPL

the corresponding two-photon signal. As explained in the previous
chapter, the 4f pulse shaper exerts the spectral phase control. A MI-
IPS pulse compression scheme, detecting SHG of BaTiO3 nanoparti-
cles at the microscope focus, ( procedure described in Chapter 1 ) is
applied to ensure the laser pulses are free of phase distortion in the ex-
citation confocal volume. It has to be noted that, in our experiment,
following the pulse compression, the compensation phase mask ap-
plied will result in a nearly zero phase across the full excitation laser
spectral range for diffraction-limited laser pulse at the sample volume.
Controlled second order dispersion was then sequentially added on
top of this compensation spectral phase by sending appropriate volt-
age masks to the spatial light modulator. In our measurements, we
used 301 phase masks with φ2 from 0 to 5000 fs2 keeping the pulse en-
ergy constant. As a control experiment, at first, we detected the SHG
response of commercially available non-resonant BaTiO3 nanoparti-
cles (Sigma Aldrich), dissolved in ethanol, and drop- casted on a
coverslip to obtain sparsely distributed nanoparticles on an area. We
chose the BaTiO3 nanoparticle as it is non-resonant with the laser
spectral range and hence will not affect the spectral phase of the
excitation laser field as we have shown in our previous works [151].

Fig. 3.3 shows the results. The SHG response with respect to
pulse duration is proportional to τ−1. A similar pulse stretch mea-
surement on TPPL of Au nanoantennas shows a peculiar response.
We observe that for long pulses the TPPL response decreases pro-
portional to τ−1 similar to the SHG. At shorter pulses, the TPPL
deviates to a plateau around c.a. 500 fs pulse length. A similar
plateau was observed by Biagioni and coworkers [152, 153] for pulse
duration τ ps, and was attributed to the lifetime of the intermediate
state involved in the sequential 1 + 1 photon absorption mechanism
observed in gold nanostructures [150].

Interestingly, in Au nanoantennas, beyond the plateau, we ob-
serve a 77 % increase in TPPL intensity as the pulse duration is
further shortened from 100 fs down to 15 fs. We attribute the in-
crease in TPPL response at the very short pulse duration regime to
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Figure 3.3: Two-photon response on extending the pulse dura-
tion. (a) Spectral evolution of TPPL and SHG on stretching the excitation
pulses from 15 fs to 500 fs shows the differences slower drop in TPPL inten-
sity compared to that of SHG (b) Integrated response in a log− log scale
shows SHG has slope −1 throughout the whole range of pulse durations.
TPPL on the otherhand, exhibits a plateau for short pulses.

the contribution of coherent plasmon oscillations, as the onset of the
coherent τ−1 response, which becomes relevant on these timescales.
Our experiment suggests that TPPL, regarded as an incoherent pro-
cess, develops a phase response on the timescales faster than the
dephasing of the plasmon resonance.

3.5 Phase control of plasmons

A coherent two-photon excitation is readily turned from constructive
into destructive interference by a π phase flip in one of the two ex-
citation steps. With this in mind, we added a static π phase step
at the central frequency ω0 in the laser spectrum, in addition to the
second order dispersion. In fact, such π phase step has been previ-
ously used to effectively control various nonlinear optical processes
in various systems [154]. The combination of π step and φ2 means
that, in addition to the excitation pulses getting stretched tempo-
rally there is a π phase difference between blue and red halves of
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the laser spectrum, i.e., between the collective two-photon pairs con-
tributing to the two-photon absorption process. Any phase response
that exists depending on the excitation pulse duration would reveal
its signature on applying such πspectral step. The spectral π phase
step was defined in Eq. (2.14). The sum of Eq. (2.12) and the Eq.
(2.14) will then form the effective phase mask for this experiment. In
spectral domain, the SHG spectrum can be calculated by Eq. (2.10).
The SHG spectrum is then given by:

E(2ω) = |
∫
| E(Ω) || E(Ω) | ei(

φ2
2

(Ω)2+π
2
sign(Ω)) |

2

(3.1)

From Eq. ( 3.1 ), the integrated intensities I for varying φ2 can
be deducted. We define the relative difference between Iφ2 and Iπ,
the intensities using chirped laser pulses with and without a π step
mask, respectively, as the coherent contrast β as:

β =
Iφ2 − Iπ
Iφ2

% (3.2)

The most interesting observation here, is the difference in β be-
tween TPPL and SHG. At the transform limit, βTPPLis non-zero and
about half of . Thus the TPPL does respond to pure phase control,
confirming the coherent nature of the short-pulse onset observed in
Fig. 3.3. On increasing φ2, βTPPL diminishes rapidly, to reach zero
at ,corresponding to pulse length, and maintains at zero for longer
pulses. This clearly demonstrates the differences in the coherent re-
sponse between TPPL and SHG. TPPL shows coherent response on
a very short timescale within the decoherence time, until which the
plasmon oscillations preserve some phase memory. Beyond 50 fs the
temporal length of the excitation laser pulse becomes unable to co-
herently drive the plasmon oscillations. We modelled this response,
introducing a decoherence term into Eq. (3.1) to take into account
the dephasing time of the plasmons in the gold. From the fit to the
data in Fig. 3.4, we extracted a decoherence time of c.a. 30 fs, which
is of the same order of the values reported in the literature in similar
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Figure 3.4: The coherent contrast β of TPPL and SHG on extend-
ing the pulse duration. (a) The SHG response Iπ with a π step at ω0

compared to I0, that without a π step, plotted in a log− log scale shows
that I0 and Iπ cross over each other at GDD = φc. After φc, Iπ dominates
and maintains a constant difference with I0. (b) The SHG shows strong
contrast for any pulse length and cross zero at 250 fs2. The TPPL contrast
decreases and reaches zero at a φ2 value of 200 fs2 which is around 50 fs
pulse duration. The inset shows the spectral phase of a simple quadratic
phase (φ2) and with a spectral π step phase on top of it (φπ)

.

systems. Beyond this timescale, the two-photon excitation process
in Au nanoantennas becomes dominated by the intermediate state
dynamics, which has a lifetime of 600 fs.

We also investigated the trend of β of SHG with the change in
ωstep. We found that, although the general trend is preserved, there
are differences both in φc and the extend to which β goes below the
zero value. The maximum value for β remains almost constant across
the whole spectrum. Fig. 3.5 shows the result.
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Figure 3.5: The variation of β with ωstep. The maximum value of β
changes from c.a. 50% to c.a. 30% depending on the spectral content
before and after ωstep. The minimum β is achieved when ωstep = ω0.

3.6 Conclusions

To summarise, in this chapter, we have presented pure phase control
of the nonlinear response of a resonant gold nanoatenna. By com-
bining GDD phase and a π step phase on a 15 fs Fourier limited
pulse, it is possible to distinguish and differentiate a true coherent
process from a time-dependent coherent process. We show that the
broadband TPPL can be coherently controlled by the spectral phase,
provided the excitation pulse is short enough compared to the plas-
mon mode decoherence time of c.a. 30 fs. Our method is effective to
determine dephasing times and phase control contrast in nanoplas-
monic systems, with application in nanoparticle labelled two-photon
imaging.
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4
Multiphoton phase control of

resonances in GaP disks

High-index dielectric nanoantennas have recently emerged as promis-
ing alternatives to plasmonic nanoantennas for concentrating and
manipulating light at the nanoscale. For example, gallium phos-
phide (GaP) nanoantennas display extremely low losses in the vis-
ible range and high nonlinearities, support both electric and magnetic
resonances, and are nicely compatible with CMOS fabrication technol-
ogy. Especially, the low losses and large nonlinearities are promising
for ultrafast optical switching and truly all-optical control of GaP
nanodevices. Here first we use two- and three-photon excitation of
GaP nanodisks to probe the size-dependent resonance enhancement
of second-harmonic and bandgap emission. Next, it is shown that, by
spectral phase control of broadband pulsed excitation, GaP nanoan-
tennas outperform their metal counterparts in supporting nonlinear
optical coherences.
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4.1 From plasmonic materials to dielectric
materials

Most of the exciting features of metallic nanoantennas result from
localized surface plasmons (LSPs). However, the ohmic losses due
to free-electron scattering in metals limits dephasing times of LSPs.
Also, nanoplasmonics suffers from lower mode volume and low laser
damage threshold. For this reason, the coherent control of nanoscale
nonlinear optical excitations in metal nanoantennas has been limited
to ultrashort pulses below 30 fs. In this context, all-dielectric nanoan-
tennas with high refractive indices, like Si, Ge or combinations of III-
V materials, such as gallium arsenide (GaAs), aluminum gallium ar-
senide (AlGaAs), gallium nitride (GaN), aluminium arsenide (AlAs),
gallium phosphide (GaP), have attracted great attention as alterna-
tive candidates for metal nanoantennas due to their ultra-low losses
and high compatibility with semiconductor processing technologies
[155–161]. Fabrication techniques including lithography, chemical
methods have been developed for realising all-dielectric nanostruc-
tures. Due to the lack of free carriers, in dielectric materials, the
real part of dielectric function is positive and light can propagate
inside the material. Additionally, such structures support optically-
induced Mie resonances in the visible and near-infrared range, allow-
ing wide wavelength tunability and field enhancement. In addition,
unlike their metallic counterparts, they can support both strong elec-
tric and magnetic modes, bringing up unique optical properties. The
whole research direction of all-dielectric nanophotonics got triggered
by the work that showed localized magnetic dipolar mode excited in
silicon particles [162]. Since then, there has been a broad spectrum of
research that displayed various resonance-induced effects [163–168].

Apart from the resonant effects, dielectric nanoantennas with
high second- and third-order nonlinear susceptibilities are specifi-
cally useful in enhancing and manipulating various nonlinear opti-
cal processes, like two-photon absorption (TPA), second harmonic
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generation (SHG), third harmonic generation (THG), optical Kerr
effect (OKE) and nonlinear mixing [165, 169–171]. Their strong in-
trinsic nonlinear response, aided by field enhancement when excited
resonantly, make these materials ideal for nonlinear optical coher-
ent control experiments. Although promising material systems with
exciting properties have been introduced, studies on ultrafast spatio-
temporal control of nonlinear optical responses have focussed either
on active control of scattering in metamaterials [172], optical switch-
ing [164, 173], beam steering [174] etc. Despite this advancement, an
all-optical spectral phase control of nonlinear optical processes in a
dielectric nanomaterial system has not been demonstrated yet.

Figure 4.1: GaP as a dielectric nanoresonator. A comparison of
different high index materials reported in nanophotonics research shows
that GaP has the highest refractive index for materials that are transparent
both in the NIR and visible range [175]

In our study, we focus on GaP, which is an indirect bandgap semi-
conductor with a bandgap of 2.24 eV [176]. It has zinc blende crystal
structure and belongs to 4̄3m symmetry group. Due to the broad
transparency range and low optical absorption [177], it is widely
used in manufacturing red, orange and green light emitting diodes
[178, 179]. It has a refractive index of 3.19 and 4.19 at 800 nm and
400 nm wavelengths respectively [180]. On comparison with other
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high index dielectric materials described in Fig. 4.1, it is clear that
GaP which has the highest refractive index of all the materials which
are transparent both in NIR and visible region, is also as a conse-
quence, one of the few available materials with high nonlinearity in
that spectral region. This has enabled the use of GaP in frequency
doublers in a wide wavelength range, as nanoantennas for enhanc-
ing photoluminescence and fluorescence in visible range [170], etc.
In this Chapter, we will focus on exploring the performance of GaP
nanodisks in supporting nonlinear optical coherences and compare it
with our results in Chapter 3.

4.2 Nonlinear resonant response of GaP
nanodisks

The sample investigated consists of arrays of GaP nanodisks of 210
nm height and diameters (D) varying from 80 nm to 560 nm was fab-
ricated by patterning a 350 µm thick crystalline GaP (100) wafer via
e-beam lithography, followed by an etching procedure as described
elsewhere. A 4 µm center-to-center pitch was chosen to prevent op-
tical coupling between adjacent resonators. The nanoantennas were
excited with our laser tuned to a central wavelength of 790 nm in the
setup as described in Chapter 2. The laser pulses were focused onto
individual nanodisks by a 0.85 numerical aperture, 100X air-objective
from the air side. The sample was placed on a XYZ piezo stage to
enable scanning, and the nonlinear signal from single nanodisks was
detected in reflection geometry using APD or the spectrometer cou-
pled to an emCCD camera.

First, to study the nonlinear response of the nanodisks, we eval-
uated their emission spectrum in the visible range by pumping at
different average excitation intensity up to 5 GW/cm2, with linearly
polarized light. Fig. 4.2 (a) shows the emission spectrum of a nan-
odisk. Two distinct regions can be noticed: SHG emission centered
at 395 nm, and a 30 nm-wide luminescence band centered at 550 nm,
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which we attribute to excitonic emission as it corresponds to GaP
bandgap wavelength. Fig. 4.2 (b) shows the evolution of the nonlin-
ear spectrum with power. The experimental data was fitted with a
power law ∝ Im, where I the incident power and m the exponent in
the power dependence. Fig. 4.2 (a) shows the fitted power exponent
m at the different emission wavelengths, revealing that SHG obeys a
quadratic power law (m = 2), as expected, while the 550 nm band
demonstrates a cubic power dependence (m = 3), indicating that the
excitonic emission is dominated by 3-photon absorption.

To confirm the nonlinear nature of the excitonic component of
the spectrum, we performed interferometric frequency-resolved opti-
cal gating (iFROG) scans at different excitation power levels. In an
interferometric intensity autocorrelation measurement, the ratio r, of
the intensity at zero delay to the baseline intensity at infinite delay, is
related to the order m of the multiphoton process as r = 22m−1. The
obtained iFROG spectrograms, integrated over the excitonic emission
range, as shown in Figure 1c, indicate that both 2 and 3 photon pro-
cesses coexist at low excitation powers (3 GW/cm2, red curve), while
a 3-photon process governs (r = 32:1) when the power is increased (5
GW/cm2, blue curve), i.e. multiphoton photoluminescence (MPPL).
Black data in the graph corresponds to SHG, displaying the expected
second order response (r = 8:1).

Next, we analyzed the influence of the GaP nanodisk size and
corresponding Mie resonances on the SHG and MPPL emissions. To
that end, nonlinear raster scan images of 5x5 arrays of GaP nan-
odisks of increasing diameter (80 to 560 nm) were attained, exciting
the sample at average excitation intensity of 1 GW/cm2 for SHG
and 5 GW/cm2 for MPPL. These power levels enabled the study of
2 (SHG) and 3 (high-power MPPL) photon processes, with sufficient
signal-to-noise ratio, while larger excitation powers for either non-
linear process would have saturated the APD. Dichroic filters were
used to isolate either the SHG signal or the MPPL contribution.
Fig. 4.3 (a) shows, from left to right, a scanning electron microscope
(SEM) image of a 5x5 disk array with corresponding registered SHG
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4. Multiphoton phase control of resonances in GaP disks

Figure 4.2: Multiphoton spectral response. (a) Nonlinear emission
spectrum of a 440 nm diameter GaP nanodisk, and exponent of power
law fits at different wavelengths. (b) Evolution of GaP nanodisk SHG
and bandgap emission spectrum with the excitation power. SHG data
was acquired for excitation powers up to 1 GW/cm2 and normalized to
bandgap emission power levels to enable comparison. (c) iFROG scans for
the different nonlinear signals. SHG (black curve) demonstrates a second
order process. Bandgap emission reveals a 2+3 photon absorption effect at
low powers (red curve), that becomes a pure 3-photon absorption process
at high powers (blue curve).

and MPPL images in (b) and (c). Both SHG and MPPL response
present relative maxima at specific diameter values. To establish the
origin of this effect, we performed numerical simulations of the scat-
tering cross section and near-field distribution of the nanoantennas,
using the commercial software Lumerical (Fig. 4.3 (e)). The complex
refractive index of GaP was determined from measured ellipsometry
data and used as an input for the numerical calculations.

Given that SHG and 3-photon absorption photoluminescence scale
with the fourth and sixth power of the incident electric field ampli-
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4.2. Nonlinear resonant response of GaP nanodisks

Figure 4.3: Multiphoton resonant response. (a) SEM image of the
GaP nanodisk array. The disk diameters increase from 80 nm to 560 nm
in steps of 20 nm. (b)SHG scan image showing the size dependent reso-
nances (c) The corresponding MPPL scan image. The resonant nanodisks
for the experiment are encircled. (d) SHG and MPPL intensities as a
function of disk diameter. MPPL intensity is scaled by 1.8 times to fit
into the plot. (e) Simulated wavelength dependence of the scattering cross
section of GaP nanodisks of different diameters. The dashed blue curve
shows the simulated absorption cross section of D=450 nm disk. The grey
shaded area represents the wavelength region of the excitation laser, which
resonates with disk sizes around 440 nm diameter, matching with the disk
sizes encircled in (b) and (c).

tude, respectively, a strong increase in the signals is expected when

the fundamental wavelength is at resonance, explaining the observed
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4. Multiphoton phase control of resonances in GaP disks

peaks at D = 440 nm in Fig. 4.3 (d). The additional measured max-
ima at around D = 100 nm for SHG and D = 200 nm for MPPL would
arise from resonances at the emission wavelengths, as indicated by
numerical calculations for disks of smaller sizes. We attribute differ-
ences between experimental and simulated resonant wavelengths and
diameter values to imperfections in the fabrication process especially
for disks of the smallest diameters. Fig. 4.3 (d) also reveals that
small resonant diameters outperform large resonant sizes for SHG,
while the opposite occurs for MPPL. This can be explained by the
broad scattering resonance for D = 440 nm in Fig. 4.3 (e) which also
covers the 550 nm band (but not the SHG wavelength), giving rise to
a doubly resonant effect that further boosts the MPPL emission, as
has been observed in nonlinear nanoantennas with resonances at both
the excitation and emission wavelengths. In addition, since the reso-
nance at the fundamental wavelength has a stronger influence on the
MPPL process, being of higher order than SHG, a particularly large
reduction in the MPPL emission intensity is expected at the small-
est diameters, where the resonance at the fundamental wavelength
is absent. We also note that the absorption cross section (shown as
dashed blue curve in Fig. 4.3 (e)) does not change much with the
disk sizes due to substrate effect.

In the next section we will shift our focus to phase control ex-
periment on MPPL and its results. In Chapter 5 we will show our
detailed study on the resonant enhancement of SHG.

4.3 Phase control of multiphoton photolu-
minescence

We turn now our attention toward the phase control experiments,
which were performed on the nanodisk of 420-460 nm diameter, as
they deliver both efficient SHG and MPPL. Firstly, we measured the
temporal response of the nonlinear signals when chirping the excita-
tion beam. In this experiment, we varied φ2 from -1000 fs2 to 1000
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fs2. In time domain, this corresponds to stretching the pulse from 14
fs to 190 fs. It is important to note that positive and negative values
φ2 imply the same result in time domain. The obtained multipho-
ton phase spectrogram, averaged over 400 scans, is shown in the top
and bottom left panels of Fig. 4.4 (a) demonstrating that the SHG
spectral intensity falls off slower than the MPPL signal.

Figure 4.4: Multiphoton phase response(a) GDD scans for SHG and
MPPL without (left panels) and with (right panels) an additional π step.
(b) Integrated spectral intensities fitted with a second order and third
order temporal dependence.

Next, in addition to φ2, we added a static π phase step at a
frequency ωstep in the laser spectrum. We have described the use of
this type of phase step in Chapters 2 and 3 as an efficient control for
two-photon processes. The top and bottom right panels of Fig. 4.4
(a) show the result of applying φ2 + φπ to the laser pulses at ωstep
= ω0. A wider response in phase is now observed in the SHG and
MPPL scans. In Fig. 4.4 (b), we show quantitatively the differences
in the phase response of SHG and MPPL with the coherent contrast
β. We plot β against φ2. When φ2 = 0 fs2, the contrast for MPPL
(βMPPL) is c.a. 80 %, which is a factor of 1.4 higher than that for
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4. Multiphoton phase control of resonances in GaP disks

SHG βSHG which is c.a. 58 %. The theoretical SHG response is
shown in black solid line, as calculated from the laser spectrum using
standard nonlinear theory described in Chapters 2 and 3. As φ2 is
increased, βMPPL drops and crosses the zero level at 330 fs2, while
βSHG is found to fall faster, crossing the zero level at 250 fs2, flipping
sign to remain constant at approximately -20 %. Remarkably, for
MPPL, when φ2 is further increased, its corresponding β value grows
further in the negative direction reaching -70 % at c.a. 500 fs2, highly
surpassing the performance of SHG.

Figure 4.5: Strength of π phase step. The dependence of the nonlin-
ear intensities on the phase step height astep applied to the laser pulse a
frequency ω0. For both SHG and the MPPL, the intensity minimum is
achieved when the step height is π.

Clearly, the 3-photon absorption is much more sensitive to spec-
tral change than the 2 photon counterpart. For reference, Fig. 4.4
(b) also includes TPPL (two-photon absorption photoluminescence)
results obtained from a resonant Au nanoantenna as described in
Chapter 3, which exhibits the poorest of contrasts and shortest of
coherence times, as limited by the reduced dephasing times of LSPs.

Finally, to evaluate the strength of our phase step in controlling
the multiphoton processes, we varied the amplitude of the phase step
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(astep) between 0 and 2π at GDD = 0 fs2 and studied its effect on the
nonlinear signals. In all cases, the results showed a single minimum
on a full sweep. Fig. 4.5 shows the case of ωstep = ω0, which reveals
that both SHG and MPPL responses drop to a minimum for a step of
phase amplitude π, proving the strength of the π step in influencing
the nonlinear processes. Again, the MPPL shows the strongest effect,
yet for a 3-photon interaction, it is surprising to find the optimum at
a phase difference of π.

4.4 Conclusions

In summary, we have studied the spectral phase control of nonlinear
optical responses in GaP nanodisks at Mie resonances supporting
efficient SHG and MPPL. By combining a dynamic GDD scan and
a static π phase step on a 14-fs excitation laser pulse, the differences
in the coherent responses between the MPPL and SHG processes
was determined. It is observed that the coherent contrast for the
MPPL effect is a factor of 1.4 (3.5) higher than that achieved for
SHG at GDD = 0 fs2 (GDD > 500 fs2. Notably, the coherency of the
MPPL signal in the GaP nanodisk antenna outlasts that of the TPPL
emission from its metal counterpart, demonstrating the potential of
dielectric nanocavities for realizing coherent nonlinear nanodevices.
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5
Angular SHG emission and
multipolar analysis of GaP

nanodisks

In Chapter 4 it was shown that high index dielectric nanoantennas
with intrinsically high nonlinearity, such as GaP, provide a useful
platform for size dependent nonlinear optical resonances and coher-
ent multiphoton phase control experiments with coherences that out-
perform their metallic counterparts. In this Chapter we focus on an
understanding of optical modes behind the SHG enhancement and its
properties. Specifically, the generation and enhancement of SHG in
GaP nanodisks is studied, also based on numerical simulations. Fur-
thermore, we determine the angular radiation pattern of the nanodisks
and present a full Stokes analysis to obtain insights on the multipolar
modes in the resonant nanodisk. Finally, our experimental observa-
tions are confirmed with multipolar decomposition in the nonlinear
spectral domain.
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5.1 Introduction

According to recent studies, in dielectric nanoantennas, high nonlin-
ear conversion efficiency for second- and third- harmonic generation
were achieved either by exciting electric and magnetic dipole reso-
nances [163, 165, 181], Fano resonance or collective modes [182–184],
anapole states [169, 185, 186] etc. It was also shown that the over-
lap of electric and magnetic resonances can result in a huge SHG
enhancement in nanostructures [187].

In our case, GaP nanodisks support both second order (SHG) and
third order (MPPL) nonlinear optical resonances in the visible range,
as we have demonstrated in Chapter 4. However, MPPL is an inco-
herent process and requires higher excitation intensities, while SHG
is a coherent and instantaneous process. Additionally, resonances can
enhance the conversion efficiency and reduce the required excitation
intensity. Thus, the study of SHG resonant effects is more interest-
ing at moderate excitation intensities. Although a recent work has
shown huge enhancement of SHG from GaP nanodisks [170], a direct
analysis of the responsible mechanisms is lacking. Therefore, in this
Chapter, we concentrate our investigation on the SHG enhancement
in GaP nanodisks.

As described in Chapter 1, electromagnetic field, on interacting
with a dielectric material, will create a movement of bound charges
in the material and induces a polarization P(2ω) in the SH frequency
2ω by the second- order nonlinear interaction. Therefore, SHG occurs
only in non-centrosymmetric crystals, provided that phase matching
conditions are satisfied. However, we also know that, in nanoparti-
cles, the combination of three effects- (a) symmetry breaking on the
surfaces, (b) large surface-to-volume ratio and (c) huge concentra-
tion of electromagnetic fields on resonant excitation- help to enhance
SHG response [188, 189]. Therefore, a non-centrosymmetric crys-
talline nanoparticle is an ideal choice for studying the enhancement
of second harmonic generation.
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5.2. Resonant SHG enhancement in GaP nanodisks

From Eq. (2.12), we know that second harmonic electric field
E(2ω) is given by:

E(2ω) ∝ P(2)(2ω) = χ(2)E(ω)E(ω) = 2ε0deffE(ω)E(ω) (5.1)

where, deff , the nonlinear coefficient matrix, is a material property.
Thus, high SHG intensity can be achieved by either choosing a ma-
terial with high deff , and increasing electric field intensity | E(ω) |2
during the interaction.

GaP has high nonlinear optical coefficient (deff = 70 pm/V)
compared to other conventional SHG materials used in the visible
range, such as LiNbO3 (31 pm/V), β-BaBO3 (2.5 pm/V), KDP (0.44
pm/V), KTP (3.4 pm/V) etc. Although AlGaAs has higher nonlin-
ear coefficient (180 pm/V), the efficiency of SHG in the visible range
is affected by its relatively large absorption in this region. The dam-
age threshold of GaP following light illumination is quite high, which
permits high excitation intensity. Thus, among dielectrics, GaP is an
excellent material for SHG generation in the visible spectral range.
In the next section, we investigate this resonant SHG enhancement
due to field confinement in GaP nanodisks.

5.2 Resonant SHG enhancement in GaP
nanodisks

To analyse the strength of SHG in GaP nanodisks, a 2D SHG scan
image of the nanodisk array described in Chapter 4 was prepared.
Individual nanodisks were excited by Ti: Sapphire laser pulses (pulse
width 15 fs, central wavelength 800 nm, 100 nm FWHM, 85 MHz
rep. rate) with average excitation intensity set to 3 GW/cm2. The
SHG signal was collected in the reflection configuration by single-
photon counting APD, setting 440 nm and 680 nm short-pass filters in
addition to a 670 nm short-pass dichroic. At this excitation intensity,
we verified that we do not collect any higher order luminescence signal
in the APD by power dependence measurements. The SHG intensity
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5. Angular SHG emission and multipolar analysis of GaP nanodisks

showed a quadratic dependence on excitation intensity. In Fig. 5.1(a)
we show the SHG scan image of the array and in (b) we show the
average SHG intensity of individual disks. The error bars show the
standard deviation of SHG intensity over three identical arrays in the
sample. In the array with disk diameters from 80 nm to 560 nm, we

Figure 5.1: SHG resonances (a) The xy SHG scan image of the array
of GaP nanodisks with diameters from 80 nm to 560 nm in steps of 20
nm. The green circles correspond to the resonant disk sizes. (b) The plot
showing average SHG intensity measured in 3 identical arrays. The error
bars show standard deviation in SHG intensities. The two shaded regions
show the range of resonant disk sizes.

observe two major SHG intensity peaks, shown as shaded regions in
Fig. 5.1(b), with the maximum SHG recorded for 175 nm and 400
nm disks.

To understand this size-dependent SHG intensity enhancement,
we perform 3D finite-difference time-domain (FDTD) simulations us-
ing Lumerical. The excitation field was chosen to be a broadband
plane wave with wavelengths from 750 to 850 nm. The excitation
wave polarized along the x axis was launched from the air side. The
3D field monitors were positioned around the nanodisk to record the
local field. The optical constants of GaP were taken from Palik et.
al. [180].
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5.2. Resonant SHG enhancement in GaP nanodisks

Figure 5.2: Electric field distribution. The vertical yz cross cut made
along the diameter of disks, showing the spatial distribution of electric
field intensity in the disk volume, for 3 disk sizes. The excitation field E
is x-polarized (coming out of the plane of the paper).

In Fig. 5.2 we show the vertical crosscuts of calculated electric
field intensity distribution at fundamental wavelength 800 nm in the
disks along the geometrical yz plane. The disk and substrate regions
are marked with dashed lines. It is clear that, a significant fraction of
the electric field intensity distribution extends into the substrate. For
some disk sizes, the intensity maximum is observed to be in a region
deep in the substrate. The presence of the same material extends
the nanodisk cavity. Since for the resonant disks the electric field
distribution is negligibly low beyond 260 nm from the surface of the
substrate, we only show the the results in this region.

From the simulated electric field intensity distribution, we can de-
rive the electric energy density UE, normalized to volume, defined as
UE = εrε0

2V

∫ ∫ ∫
| E |2 dr3, where V is the volume of the nanodisk. In

Fig. 5.3(a) we show the size dependent variation of UE (red dashed
line). We observe that the diameters corresponding to the maxima
in energy density coincide with SHG intensity peaks from the ex-
perimental results shown in Fig.5.1. This shows that an efficient
confinement of electric energy in the nanodisk volume is responsible
for the enhancement of SHG in the nanodisks [169]. To identify the
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5. Angular SHG emission and multipolar analysis of GaP nanodisks

effect of extended field in resonant enhancement, we also calculated
UE considering the extended volume into the substrate (upto 260
nm from the surface of the substrate) and find a similar trend (blue
dashed line).

We now turn our attention to the effect of particle size on the
scattering. To this end, we calculated the linear scattering cross sec-
tions at 800 nm of the nanodisks in the array. The result displayed
in Fig. 5.3(b) shows that the total scattering cross section increases
with the disk size. From the theory of Mie scattering, for particles
of diameters similar to optical wavelengths, the scattering signal is
proportional to the square of particle diameter. We confront our
results with a calculated D2 response (where D is the nanodisk di-
ameter) which verifies the trend. The deviation from D2 response
clearly corresponds to the resonant disk sizes in the array.

Figure 5.3: Effective electric field enhancement (a) The plot of elec-
tric energy density confined in the nanodisks (red dashed line) normalized
to the corresponding volumes showing two peaks corresponding to the res-
onant disk sizes, denoted by the shaded region. Energy density confined
in the extended volume (blue circles) shows a similar trend. (b) The linear
scattering cross section (shown in blue circles) of the disks follows a D2

trend (black dashed line). The disk sizes that deviate from D2 correspond
to the resonant disk sizes (green shaded region). Absorption cross section
is shown in red squares.

Based on the observed SHG size-dependent enhancement and the
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results from calculations, we conclude that, the concentration of elec-
tric energy density in the nanodisk volume of a high deff material, in
combination with enhanced scattering cross section at fundamental
frequencies result in the generation of SHG frequencies that resonate
in the structure. To investigate the properties of SHG resonances,
next we investigate the far-field radiation pattern of resonant nan-
odisks at SHG frequencies.

5.3 SHG angular emission pattern

To understand the role of various modes acting at the SHG frequen-
cies, we analyse the far-field angular radiation pattern and its polar-
ization state. Specific multipolar modes excited in a nanodisk an-
tenna can be distinguished by their distinct radiation patterns, mea-
sured usually in the backfocal plane (BFP). In this type of imaging
scheme, emitted radiation from a subwavelength light-emitting source
before the lens is mapped onto its reciprocal k -space, in angular co-
ordinates, on the BFP. This imaging method has helped to identify
different radiation channels of nanoemitters [9, 190], to determine the
orientation of single emitters [191], to analyse the emission charac-
teristics due to coupling effects and to measure the directionality of
emission of a nanostructure [192] and to quantify the contribution of
multipoles in linear and nonlinear scattering [165, 193, 194].

First, we recorded the SHG BFP images of GaP nanodisks in
reflection geometry, i.e., backward direction, and studied the depen-
dence on disk size. For this, we modified the setup described in
Chapter 1 such that the APD in the detection end is replaced by an
emCCD camera and an additional lens to image the BFP. We know
that the maximum detectable angle in measuring the radiation pat-
tern of a nanoantenna is limited by the numerical aperture of the ob-
jective, described as θmax = sin−1(NA

n2
), where n2 = 1 since we collect

in the reflection geometry with an air objective of NA = 0.85. This
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translates to an angular space with θmax = 58.7o. Effectively, we col-
lect all the emission wave vectors in the range −0.85ω

c
6 k 6 0.85ω

c
.

The results are shown in Fig. 5.4. The images were acquired by
setting an integration time of 400 ms and an electron-multiplying
gain 200. The input polarization was set along the x axis and no
polarization selection was made at the output. Each individual im-
age corresponding to a specific disk in Fig.5.4 is the average of 100
such images accumulated. All the images are scaled to a maximum
of 1.5 M counts. We also show below each individual pattern the
angular emission in polar coordinates, through the x and y axis-cuts
along the centre of each BFP pattern. In the polar plots, the angle
θ denotes the angular spread in the xz-plane for x-cut intensity (red
curve) and in the yz-plane for the y-cut intensity (blue curve). At the
first glance, we note that, the overall intensity variation in the BFP
images correlate strongly with that in the 2D scan image in Fig.5.1.

For the disk sizes 100 to 200 nm, the radiation pattern resemble a
doughnut-like shape, with the SHG emission cut at the limit of NA,
i.e., at 58.7o. Thus the angular SHG emission maximum is beyond
the collection limit of the NA of the objective used. Additionally, no
SHG emission is observed in the normal backward direction, i.e., at
the centre of all the patterns, there is zero intensity. This feature has
been reported in the literature [195, 196] and was attributed to the
symmetry properties of χ(2) tensor and from the illumination axis
being perpendicular to the substrate. As the diameter of the disk
increases, apart from the intensity variation, for the disks 340 nm
to 420 nm, the angular emission peaks at half (30o) that for smaller
disks, with the SHG intensity lobes now predominantly oriented along
the y axis, i.e., ⊥ the excitation polarization direction.

As described mathematically in [197], the angular distribution of
light emitted by a dipole located on the interface of two homogeneous
isotropic loss-free dielectric media depends on the refractive indices of
both media. Since the density of available photonic modes is larger in
a high index material, the dipole emitter couples light into the higher
index medium with the higher probability of emission than into the
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Figure 5.4: SHG angular radiation pattern. Backfocal plane SHG
angular patterns of GaP nano disks as a function of diameter (indicated
above each image), scaled to 1.5 M counts. The polar plots of x- and the
y- cut intensities are also shown below each image. For small disks, the
emission maximum occurs beyond the maximum collection angle of the
NA. For big disks, emission maximum occurs at half the angle that of the
small disks. The excitation laser is x-polarized.
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medium with lower index. In an exemplary case, the radiated power
of a z-oriented electric dipole lying on the surface of a medium with
n = 4, as in our case, is mostly emitted (99%) in the denser medium
at the critical angle and only 0.45% of the radiation is emitted to the
air side. This means that, in our case, only a small fraction of the
scattered SHG light is experimentally collected.

For a dipole oriented along the z- axis in an xyz coordinate system,
the radiation pattern viewed from xy plane looks like a doughtnut-
like shape. The intensity pattern measured for small disks, there-
fore suggests this either an electric or magnetic z-dipole. For bigger
disks, the SHG intensity distribution that is oriented mostly along
the direction ⊥ input polarization, suggests higher order modes [198].
However, given that just a linear polarized NIR (or IR) laser excita-
tion can generate both electric and magnetic multipole resonances in
visible or UV spectral range in dielectric nanoparticles [199–201], a
simple identification of the multipolar modes is not possible. Conse-
quently, to determine precisely the types of the multipolar modes in
the nanodisks and to obtain more insights on the SHG generation,
we proceed with measuring polarization dependence of the angular
emission pattern.

5.4 Polarization resolved radiation pattern

In this section, angular emission pattern imaging at the BFP is ex-
tended by polarization-sensitive detection. This technique, called
Fourier polarimetry, based on Stokes analysis described in Chapter
1 for every angle in the radiation space of a nanoantenna [202–206],
provides direct insight on the nanodisk response based on induced
multipolar modes. In our experiments, we determine the angular
Stokes parameters for SHG emission from the resonant GaP nan-
odisks. Combining Stokes analysis with SHG BFP imaging allows
us to characterize the angular variation of polarization state of SHG
emitted by a resonant GaP nanodisk.
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Figure 5.5: Angular Stokes analysis. The set of six BFP images of 420
nm disk measured with x-polarized excitation to determine angular Stokes
parameters. The respective output polarizations are described with black
arrows and on top of each image. The images are scaled to 1.3 M counts.

The Fig. 5.5 shows the set of six SHG BFP images measured
for the 420 nm disk with excitation polarization set along the x axis
with respective output polarization filters. The Stokes parameters
can then be calculated using Eq. (2.17) - Eq. (2.20).

The retrieved angular Stokes parameters, normalized to S0 for
120 nm (top panel) and 420 nm disks (bottom panel) are described
in Fig. 5.6. In the top rows we show S1, S2 and S3 and in the bottom
rows ψ and χ. -1 6 S1 6 1 indicates the variation of polarization
state from LVP to LHP, -1 6 S2 6 1 indicates the variation from -45o

to +45o and -1 6 S3 6 1 indicates the variation from RCP to LCP
respectively. For both disks, we see from S1 and S2 parameters that
the orientation of polarization is mostly along the radial direction
from the optical axis. For 120 nm disk, we find a superimposition
of circular (as evident from the S3 parameter) and radial polarized
components. Looking at the S3 component of 120 nm disk, we see
that as we move from a fixed point and make a full 2π rotation,
the handedness switches from RCP to LCP from one quarter to the
other, however keeping the inclination along the radial direction. The
difference between 120 nm and 420 nm disks in the S3 component is
clear: for 120 nm disk, at +45o angle we encounter RCP while for 420
nm disk we observe LCP. Although the magnitude of χ is similar for
both disks, the handedness of circular polarization is the opposite.
This is summarized in the S0 map for both disks.
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Figure 5.6: Angular Stokes parameters of resonant GaP nanodisks.
Angular Stokes parameters S1, S2 and S3 normalized to S0 for 120 nm and
420 nm GaP nanodisks. For both disks, we observe dominant radial polar-
ization components (S1 and S2) superimposed with circular polarization
components (S3) at 45o angles. Also shown are the ellipticity (ψ) and the
inclination angle (χ) maps for both disks, in the bottom rows of respective
panels.

Based on our observations so far, we conclude that a linearly po-
larized input beam generates a radially polarized vector beam with
small circular components at the SH frequency (visible range) by
interacting with a resonant, highly nonlinear GaP nanodisk. The
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radially polarized SHG emission of 120 and 420 nm disk affirms the
contribution of a dipole oriented ⊥ xy plane. The small circular
polarization components observed points toward the contribution of
higher order multipolar modes. This is, to the best of our knowledge,
first report of angular Stokes analysis of resonant SHG in the visible
region. We attribute the slight nonuniformities in the circular and
45o polarization components in the polarization maps, to the errors
in fixing the input polarization with respect to the crystalline axis in
the experiments and in the nanofabrication. We note that our obser-
vations are similar to the recent studies that reported the polarization
properties SHG from nanodisks of AlGaAs and GaAs [198, 207, 208],
however in the IR and far-IR spectral ranges.

5.5 Multipolar decomposition

To understand the observations so far, we performed numerical cal-
culations based on multipolar spectral decomposition. From the cal-
culated electric field distribution E(ω) at the fundamental frequency
ω, we can determine the P(2ω) using Eq. (5.1) by considering the
specific components of χ(2) interacting with that of the electric field.
This depends on the orientation of crystal axis with respect to the
excitation polarization as sketched in Fig. 5.7.

GaP has zincblende (normal cubic) crystal structure, which falls
in the 4̄3m symmetry group. For such crystals, only 3 out of the 18
elements in the dil matrix are non zero and d14 = d25 = d36 = 70
pm/V [209]. This means Eq. (2.13) reduces to:

Px′(2ω)
Py′(2ω)
Pz′(2ω)

 =

0 0 0 d14 0 0
0 0 0 0 d14 0
0 0 0 0 0 d14



Ex′(ω)Ex′(ω)
Ey′(ω)Ey′(ω)
Ez′(ω)Ez′(ω)
2Ey′(ω)Ez′(ω)
2Ex′(ω)Ez′(ω)
2Ex′(ω)Ey′(ω)

 . (5.2)
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Figure 5.7: Sample orientation: The [100] grown GaP crystal sample
was oriented in xy plane 45o rotated with respect to the x axis. The
excitation polarization was set along X axis, with the beam propagating
along the z axis (‖ [001] axis of the crystal).

where x′, y′ and z′ form the principal-axis system of the crystal ([100],
[010], [001]) and x, y and z form the global coordinate system. If
the latter is rotated with respect to the former by an angle φ, we
need to perform appropriate coordinate transformations, such that
E(x′, y′, z′) = T × E(x, y, z) to obtain the exact relations for P(2ω):

Px(2ω) = 2ε0d14(Ey(ω)Ez(ω) cos(2φ)− Ex(ω)Ez(ω) sin(2φ)) (5.3)

Py(2ω) = 2ε0d14(Ex(ω)Ez(ω) cos(2φ) + Ey(ω)Ez(ω) sin(2φ)) (5.4)

Pz(2ω) = 2ε0d14(Ex(ω) cos(φ)+Ey(ω) sin(φ))(Ey(ω) cos(φ)−Ex(ω) sin(φ)).

(5.5)
In our case, the crystal was cut along the [100] axis and the exci-

tation field E(ω) was propagating along the [001] axis (parallel to the
out-of-plane z axis). The disk was rotated in xy plane by 45o, i.e.,
the [100] axis is along a line 45o inclined to the x axis of the global
coordinate system (φ = 45o) as shown in a schematic diagram in Fig.
5.7.

Next we determine the multipolar content of this generated SHG
polarization P(2ω). To this end, we calculate the contributions of
various multipole moments upto the third order: dipoles p (electric)
and m (magnetic), quadrupoles Q̂e (electric) and Q̂m (magnetic),
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5.5. Multipolar decomposition

Octupole Ôe (electric) in P(2ω) based on the formalism described in
Evlyukhin et. al. [210, 211]:

p =

∫
P(r)dr (5.6)

m = −iω
2

∫
[r×P(r)]dr (5.7)

Q̂e = 3

∫
[rP(r) + P(r)r− 2

3
[r.P(r)]U ]dr (5.8)

Q̂m =
ω

3i

∫
([r×P(r)]r + r[r×P(r)])dr. (5.9)

Ôe =

∫
P(r)rr + rP(r)r + rrP(r)dr. (5.10)

These induced multipole moments drive multipolar modes at SH
frequencies that radiate to free space in their characteristic pattern.
We then calculate the far-field scattered power emitted by individual
multipole moments [210]:

Psca =
k4

0

12πε20vdµ0

| p |2 +
k4

0

12πε0vd
|m |2 +

k6
0

1440πε20vdµ0

∑
α,β

| Q̂e
αβ |2

+
k6

0εd
160πε20vd

∑
α,β

| Q̂m
αβ |2 +

k8
0ε

2
d

3780πε20vdµ0

∑
α,β,γ

| Ôe
αβγ |2(5.11)

where k0 = 2π
λ

is the wave vector in vacuum, ε0 is the vacuum per-
mittivity, vd is the velocity of light in the medium (here taken as air)
and µ0 is the vacuum permeability. In Fig. 5.8 we describe the re-
sults of multipolar decomposition upto octupolar terms for nanodisk
diameters from 50 nm to 650 nm.

Analysing the dipolar contribution, we find from Fig. 5.8 that
for the resonant 180 nm and 400 nm disks, SHG is dominated by
the z-oriented electric dipole pz. The radiated power of y-oriented
magnetic dipole my is negligible compared to that of pz, hence we
neglect its contribution.
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5. Angular SHG emission and multipolar analysis of GaP nanodisks

Figure 5.8: Dominant multipolar modes radiating at SH frequen-
cies: Multipolar modal analysis for GaP nanodisks at 400 nm show that
for smaller disks, z-electric dipole is the prominant radiating mode. For
bigger disks, there are additional contributions from magnetic and electric
quadrupoles along with electric octupoles.

Regarding quadrupoles, we observe the contribution of Qe
xx, Qe

yy

and Qe
zz, in addition to that of magnetic quadrupole Qm

xy. For 180
nm disk, Qe

zz is dominant over Qm
xy, however, for 400 nm disk, Qm

xy is
dominant. The magnitude of electric quadrupoles are weaker com-
pared to that of pz for smaller disks, while for bigger ones, dipolar
and quadrupolar components compete in strengths.

Additionally, we also notice weak contribution from octupolar
modes, as shown in the bottom right panel of Fig. 5.8, where we only
show Oe

zxx, Oe
zyy and Oe

zzz. We note that Qe
zz and Oe

zzz contribute to
the radial polarization.

Next, we look to the calculated radiation patterns of these dom-
inant multipolar modes. Based on the method described by Grahn
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5.5. Multipolar decomposition

Multipolar mode Reflected intensity (%)

pz 0.45
Qzz 0.052
Qxx 0.006
Qxy 0.025
Ozzz 0.002
Ozxx 0.003
Ozyy 0.2

Table 5.1: The calculated percentage of radiated intensity in reflec-
tion direction for different multipolar modes.

et. al. [211], we use the recorded scattered fields to derive the mul-
tipole coefficients upto electric octupoles. The radiation patterns of
multipoles near a dielectric interface can then be calculated using the
angular spectrum representation based on vector spherical harmonics
discussed in Inoue at. al. [212]. Propagating and evanescent fields
are reflected and refracted using the Fresnel coefficients of GaP-air
interface.

In Fig. 5.9 we show backfocal plane radiation patterns towards
the reflected, low index side (identical to the experimental conditions)
of the multipolar modes along with the polar plots of x-cut, both in
the low index (blue curve) and in the high index (red curve) direc-
tions. We notice that most of the radiation is emitted to the high
index side. Also, the effect of high index substrate is clearly visible in
the extreme-narrowing of the intensity lobes for pz and Qm

xy. By inte-
grating the images we obtain the calculated intensity ratio between
the transmitted (high index) and the reflected (low index) directions.
In Table 5.1 we show the result.

On comparison, we see that the calculated radiation pattern of
pz correlates well with the observed radiation pattern for the 180 nm
disk. For 380 nm disk, we note that the contribution of Qe

zz and Ozzz

results in the bending of the intensity lobes to smaller angle.
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5. Angular SHG emission and multipolar analysis of GaP nanodisks

Figure 5.9: Multipolar radiation pattern: (a) Measured angular SHG
radiation patterns and the polar plots of x-cut (red curve) and y-cut (blue
curve) intensities. (b) Calculated radiation patterns at 400 nm in reflection
with corresponding polar plots. Polar plots show the intensities in both
the reflection (blue curve) and the transmission (red curve) directions.
Yellow shaded region shows the experimentally accessible angular range.
In panel (b), intensities in reflection are scaled (blue curve) by numbers
shown alongside. The inset in panel (b) shows the schematic representation
of the dominant multipolar modes.
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5.6 Discussion

By confronting the experimental observations from backfocal plane
imaging in Section 2 and Stokes analyis in Section 3 with the calcu-
lated multipolar decomposition and far-field radiation patterns, we
arrive at following impressions:

• Doughnut-like far-field radiation pattern of all the disks with
radially polarized components can be explained as the contri-
bution of pz, Qe

zz and Ozzz. The radially polarized components
also rule out the effect of my.

• The reduction in angular spread of intensity in the radiation
pattern of bigger disks is the contribution of higher order mul-
tipoles Qxx and Ozxx. Of particular interest is to note the con-
tribution of Ozyy mode, which has intensity in 45o directions.
Circularly polarized components in the SHG radiation pattern
of similar materials have been attributed to octupolar modes
in previous works [198, 207, 208].

• For bigger disks, predominant intensity distribution along the
Y-direction is a consequence of Qxy contribution.

• From the multipolar decomposition, the radiated power of higher
order multipoles significantly weak compared to that of pz, how-
ever, their effect is non-negligible, as proven by Stokes analysis.

• The slight mismatch between experiments and calculations in
our case could be attributed to several factors: multipolar de-
composition considers a point-like source at the interface of the
particle. However, we note that, the effective optical wave-
length is much smaller than the disk diameters in our array,
especially for bigger disks. Also, the nanodisk cavity resonator
in our case extends indefinitely into the substrate which imposes
computational limitations for multipolar decomposition analy-
sis. Additionally, our numerical simulations also considers GaP
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5. Angular SHG emission and multipolar analysis of GaP nanodisks

to be isotropic, which, in reality is not. Fabrication anomalies
of the nanodisks on which we performed the experiments, can
also contribute to this.

5.7 Conclusions

In summary,the mechanisms of SHG emission in resonant GaP nan-
odisks was studied in detail, attributing the size-dependent enhance-
ment in SHG intensity to the concentration of electric field energy
density in the disk volume. To further analyse the radiating proper-
ties of enhanced SHG scattering in the far field, polarization-resolved
BFP imaging with Stokes formalism was performed, and we iden-
tified the generation of radially polarized vector beams with small
circular components at SH frequencies in the visible range. Follow-
ing the multipolar decomposition at 400 nm, this observation was
attributerd to the strong contribution from z-oriented electric dipole
and weak contribution from electric and magnetic quadrupoles and
electric octupoles. We compared the experimentally observed radi-
ation pattern to the calculated ones and observe a good agreement
between both.
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6
Phase control of multipolar

interferences

In Chapter 5 it was shown that, the concentration of electromagnetic
energy in GaP nanodisks results in the enhancement of SHG. The
multipolar modes in the resonant nanodisks were determined through
a systematic Stokes polarimetry in the angular space and the obser-
vations were explained with multipolar decomposition. Spectrally sep-
arated multipolar electromagnetic modes that resonate with relative
phases in a nanodisk volume, following a broadband laser illumination
result in multipolar interferences. Such interferences can be manipu-
lated by means of spectral phase modulation of the broadband excita-
tion field to achieve a radiation pattern withon coherent control of the
radiation pattern of a nanoantenna with polarization readout. Based
on the multipolar decomposition at fundamental frequency range, we
discuss our results.
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6.1 Introduction

The SHG spectrum of a nanoparticle depends on the resonance of
the nanoparticle with the excitation laser spectrum. A nanopar-
ticle that is non-resonant (e.g.: BaTiO3) with the excitation laser
field has a spectrally flat phase response and hence cannot be in-
fluenced the phase of laser field. In the work of Accanto et. al.,
[151] it was shown that the intrinsic phase response of a Ag nanoan-
tenna can chirp the spectral phase. Such a plasmonic nanoantenna
can be considered as a pure Lorentzian harmonic oscillator with a
well known phase response. Based on this assumption, the intrinsic
phase response can be quite accurately derived from an experimen-
tal SHG MIIPS spectrogram of this antenna. On the other hand,
in a dielectric nanoresonator, as shown in Chapters 4 and 5, several
overlapping elecromagnetic multipolar modes, in both fundamental
and second harmonic spectral domains, that interfere with each other
based on their respective phase responses, create a non-trivial phase
profile that is not easy to assume beforehand. In this Chapter, we
present our first results of the investigation of phase response of a
resonant GaP nanodisk, controlling the multipolar interferences in
such a system.

6.2 Spectral phase response of a GaP nan-
odisk

Let us consider the spectral SHG response of GaP nanodisk as a func-
tion of size. The SHG scan image of the nanodisk array discussed in
Chapters 4 and 5 is reproduced in Fig. 6.1 (a). In (b) we show the
measured SHG spectra of 14 disks from the array, compared to the
one of the bulk (measured on the substrate). We notice that firstly,
for small disks, the SHG spectrum shows a gradual red shift as the
diameter increases. As the disk size further increases, at the onset
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6.2. Spectral phase response of a GaP nanodisk

of the second resonance, the spectrum peaks again at shorter wave-
length and gradually shifts to longer wavelengths. This demonstrates
different multipolar modes responsible for SHG enhancement in the
disks as expected [213]. Secondly, the width of the SHG spectra of
smaller disks are narrower than that of bigger disks, when compared
to the non-resonant bulk. This is due to the fact that there are mul-
tiple modes responsible for SHG enhancement for bigger disk sizes.

To appreciate the antenna phase response in SHG, MIIPS scans
were performed, on the two resonant disk sizes 120 and 420 nm, and
were compared to that of bulk GaP substrate. Results shown in Fig.
6.2 correspond to (a) bulk compared to (b) 120 nm disk and (c) 420
nm disk. It is clear that in (b) and (c) a reduced spread of SHG
intensity maxima in the wavelength axis is observed, which corre-
sponds to the spectral narrowing due to the resonance. Additionally,
the regions of maximum SHG intensity shifts in the wavelength axis,
correlating with the shift in the line spectra in Fig. 6.2 (b). It can also
be noticed that the lines corresponding to the SHG intensity maxima
show more spread in the δ axis, which directly relates to the chirp-
ing of the spectral phase [151]. To make this more obvious, in (d)
a contour plot of intensities are shown. It is important to note that
the intensity of 120 nm disk points downwards, to the short wave-
length side, and that of 420 nm disk the other way (see the arrows
with respective colours). In the bluer side of SHG spectrum, there
is a considerable overlap between the bulk and the 420 nm spectra.
Similar to the observations in Ag nanoantennas reported by Accanto
et. al., [151], the lines of maximum SHG intensity for both 120 and
420 nm disks show slightly asymmetric tilt: for 120 nm disk (in (b)),
the line of maximum intensity in the first half of 0 to π radians is
broader and slightly tilted in clockwise direction, while that in the
second half of π to 2π is tilted in the anticlockwise direction and for
420 nm disk, in (c), it can be noted that the intensity line points
toward the long wavelength direction, with the tilt in the first and
second halves slightly asymmetric with respect to each other, which
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6. Phase control of multipolar interferences

Figure 6.1: Evolution of SHG spectra with the disk diameter: (a)
The SHG scan image of the GaP nanodisk array showing size-dependent
SHG resonances. (b) SHG spectra measured for selected disk sizes com-
pared to that of bulk GaP shows evidence for multiple resonances, as the
spectra shift to longer wavelengths with increasing size. When a higher
order resonance kicks in, the spectrum peaks at shorter wavelengths and
gradually shifts to longer wavelengths.
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6.2. Spectral phase response of a GaP nanodisk

is the evidence of phase response. In (d) we show this trend with
arrows and the tilt angle marked for respective disks.

To model a response for this effect is not straightforward due to
the lack of sufficient knowledge on the resonant multipolar modes
at the fundamental frequencies and their phases. Instead, a simple,
tested phase control method is employed to control their interfer-
ences: the π phase step. In doing so, the polarization state in the
SHG BFP is chosen as the output readout, since the latter has been
demonstrated in Chapter 5 to be a sensitive technique to carry the
signature responses of specific multipolar modes. In other words, we
look to manipulate the SHG vectorial angular emission pattern of
resonant nanodisks following spectral phase modulation, such as the
π phase and its variants.
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Figure 6.2: Resonance phase effect: The SHG MIIPS spectrogram
measured on (a) bulk GaP (b) 120 nm disk (c) 420 nm disk (d) contour
plot of (a), (b) and (c) overlaid on top of each other. From (b) and (c)
it is clear that the spectrogram lines point towards shorter and longer
wavelengths respectively, for 120 nm and 420 nm disks, indicating their
resonance shifts. The magenta dotted line shows the intensity maximum
for the bulk GaP, set as a reference. The blue dotted line shows the tilted
intensity maximum for 120 nm disk while its arrow points intensity to-
wards the shorter wavelengths, indicating a resonance shift towards longer
wavelengths. Note that the line tilts in both halves of the spectrogram are
in opposite directions. For 420 nm disk, the red dotted line shows the tilt
with respect to the bulk intensity maximum. The red line is seen tilted
in the opposite direction to that of the blue line. Also, the spread of the
intensity maxima in the δ axis suggests of the chirped spectral phase. The
narrowing in the wavelength axis is a resonance-effect.
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6.3 Controlling the vectorial radiation pat-
tern

In section 3 of Chapter 5 it was asserted that the radiation pattern
is one of the most important characteristic of a nanoantenna. Dielec-
tric nanoantennas are known to demonstrate excellent directionality
[214, 215]. Controlling the angular spread of an antenna radiation
is fundamental for chemical and biosensing applications [216]. The
idea of shaping the radiation pattern of nanoantennas started with
the proposal of Kerker in his seminal paper [217], which identified
for the first time that, a dipolar nanoantenna with equal strengths of
electric and magnetic modes, both in amplitude and phase, exhibits
zero backward scattering due to interferences, which then followed
few experimental demonstrations of the concept [158, 193, 218–223].
This condition can be extended and generalised for any multipolar
interferences [193, 224].

From a microscopic point of view, the interference of dipole and
quadrupole sources within a nanoantenna can influence the SHG ef-
ficiency [225]. Recently, Olivier Martin and coworkers showed a pos-
sibility to tune the SHG radiation pattern of a nanorod antenna by
tuning the excitation wavelength simply because the linear phase of
a nanoantenna change with respect to wavelength. By doing so, the
directionality of SHG emission can be flipped [226], due to the inter-
ference of dipolar and quadrupolar modes. For a wavelength shorter
than the resonant wavelength, both of these modes are in-phase and
for longer wavelength beyond the resonance, they are out of phase.
Consequently, the radiation pattern gets modified. However, metal-
lic nanoantennas have broad resonances and offer limited scope for
interferences within the laser spectral range. Recently, in dielectric
nanoantennas, controlling the radiation pattern has also been realised
by changing the angle of incidence, the state of polarization of the
incident light [194], or even tuning the antenna geometry [158] etc.
In the work of De Angelis et al [194], it was shown that the control of
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radiation pattern can be achieved by manipulating the modal inter-
ference in an AlGaAs nanodisk, by controlling the angle of incidence,
excitation polarization and the geometry. However, in our case, con-
trary to these works, the excitation pulses are broadband, meaning
that multiple resonant modes can be simultaneously excited by dif-
ferent parts of the laser spectrum, and corresponding sum-frequency
interferences can be controlled in the second-harmonic frequency do-
main, thus achieving a true all-optical spectral interference, freeing
us from experimental modifications.

To this end, the proposed approach is straightforward, combin-
ing multi-layers of excitation and detection schemes: to control the
multipolar interferences by spectral phase manipulation of the exci-
tation laser pulses and achieve directionality of the radiation. Since
the spectral phase control requires no additional modification of the
setup described in Chapter 2, the experiment is quite straightforward.
It was shown in section 5.4 that polarization resolved angular SHG
radiation pattern provides rich information on the multipolar modes
resonating in the GaP nanodisk. Therefore, the SHG angular Stokes
parameters are measured to analyse the effect of spectral phase con-
trol of excitation pulses. In Fig. 6.3 a sketch explaining the concept
of the proposed experiment is described.

To illustrate the idea, let us consider a GaP sphere in free space,
with 260 nm diameter. The calculated antenna scattering spectra
upto dipolar modes show electric and magnetic dipolar modes spec-
trally separated, but having a considerable overlap in the wavelength
range around 800 nm (Fig. 6.3, top left). The respective phases are
also shown alongside (top right). Initially, this nanoparticle is ex-
cited with laser pulses having a flat (i.e., relative phase between all
the frequency pairs is zero) spectral phase. This is ensured by pulse
compression described in Chapter 2. Next, the angular Stokes param-
eters are determined to identify the polarization state of the emitted
SHG, using the method described in Chapter 5. To control the mul-
tipolar modal interference, the antisymmetric π step spectral phase
is added on the laser spectrum such that the two resonant modes are

88



6.3. Controlling the vectorial radiation pattern

Figure 6.3: Concept of spectral phase control of angular polariza-
tion state. Considering a GaP sphere in free space having two resonant
modes (red and blue dashed lines, respectively denoting magnetic and elec-
tric dipolar modes, total scattering cross section shown in green line) in
the laser spectral range. Antenna spectral phases (red line shows the phase
of magnetic dipole and blue line shows the phase of electric dipole). Next,
Stokes-resolved SHG angular radiation pattern is measured at the BFP.
Then, a π step spectral phase is added on the laser spectrum such that res-
onant modes are driven π out of phase and the measurement is repeated.
Interference of the resonant multipolar modes will result in a change of
polarization state of the radiation pattern.
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π out of phase. Since they are driven out of phase with each other,
they destructively interfere, meaning that the sum-frequency pairs
around 800 nm (where the modal overlap occurs) that generate SHG
will interfere destructively, resulting in SHG with a different polar-
ization state. Thus, by tailoring the spectral phase of the excitation
laser spectrum, the control of the multipolar modal interferences is
achieved, having the angular Stokes parameters as the readout.

6.4 Spectral phase control of angular po-
larization state

For the phase control experiment, four different phases were em-
ployed. In Fig. 6.4, the four panels (a), (b), (c) and (d) correspond to
four different spectral phases applied on the excitation laser pulses.
In each of those panels we show the measured angular Stokes param-
eters S1, S2 and S3, normalized to S0, for both resonant disks 120 nm
and 420 nm. Since S0 can be determined by adding either the images
measured for LHP and LVP, the +45o and the -45o polarizations or
for LCP and RCP. We have noted that angular intensity varied with
respect to polarization state and therefore for the normalization, the
average S0 calculated from the three cases were used. The panel (a)
corresponds to the flat spectral phase, the panel (b) the antisym-
metric π step phase, (c) the 5-segment π step phase and (d) shows
the notch-type π step phase. The top row in each panel shows the
laser spectrum (blue curve) together with the applied spectral phase
(red curve). Alongside the laser spectrum, the calculated SHG spec-
tra resulting from each applied spectral phase is also shown. The
5-segment π step phase is designed such that 640 pixels of the SLM
is divided into 5 identical segments (i.e., 128 pixels for each segment)
with the phases in successive segments having π phase difference. A
higher order, asymmetric (i.e., more segments of 0-π phase switch-
ing, with segments not identical in width of pixels) version of this
phase step was employed for generating several narrow SHG spectra
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from a broad spectrum in the work of Dantus and coworkers [227].
The notch-type π step phase also generates a narrow SHG spectrum,
but unlike the 5-segment π step phase, the amplitude is lower, with
less number of peak (in this case, since it is applied at the central
frequency of the laser spectrum, there is only one peak). As can be
seen, SHG spectrum gets modified with an applied phase (see Chap-
ter 2), with the peak intensity changing to specific SHG wavelengths
depending on the wavelength where the phase step is applied on the
laser spectrum, which allows to address specific multipolar mode in
a given frequency range.

The experiment is performed by measuring the angular BFP im-
ages for each applied spectral phase, with the respective combination
of polarizing elements in front of emCCD camera (see )Chapter 5.
The measured SHG signal varies with respect to the detected po-
larization state, and also with the different spectral phases applied.
For instance, since the spectral phases applied here are the different
variations of the π step phase, interferences between various sum-
frequency pathways result in a reduction in SHG signal (see Chapter
2 and Chapter 3)). Theoretically, with the antisymmetric π step
phase, the SHG intensity drops to the level of 40% from that when
the spectral phase is flat. For 5-segment π step phase, SHG signal
drops to 33% and for notch type π step phase, it drops to 27%. This
drop in overall SHG signal intensity can be appreciated from the
measured S0 images shown in the bottom-most row in Fig. 6.4. The
integrated amplitude of S0 from the measured images in (a) to (d) is
found to drop in the same manner. Each image for a particular spec-
tral phase at the excitation and the output polarization was measured
by an acquisition time of 800 ms, with 200 EM gain and was averaged
for 100 accumulations. This long exposure of the emCCD pixel array
creates a background noise level that is higher than the maximum
SHG signal measured. For instance, for 120 nm disk, the background
noise level for LHP and LVP polarization states were 3.2 × 105 and
2.8 × 105 cts respectively, while the maximum signal measured were
2.5 × 105 and 1.5 × 105 cts on top of the background noise level.
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Thus, to avoid errors, it was ensured that a 2D plane of background
noise (which varied depending on the detected polarization state and
the applied spectral phase) was subtracted from each of the 24 im-
ages measured (6 images for Stokes analysis for one spectral phase,
4 spectral phases require 24 BFP images to be measured).

Figure 6.4: Spectral phase control of angular polarization states:
(a) Measured angular Stokes parameters S1, S2 and S3, normalized to
S0, for flat spectral phase (b) for antisymmetric π step phase and (c) for
5-segment π step phase for 120 and 420 nm disks. Top row shows the
laser spectra (blue curve) with the applied spectral phase (red curve) and
the corresponding SHG spectra to its right side, normalized unity. SHG
intensity maps (S0) are shown in the bottom row.

The angular Stokes parameters measured for different applied
spectral phases, in general show features that are consistent. Firstly,
the S1 parameter shows the angular distribution of x-y polarization
components, which for 120 nm disk is slightly more x-component
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than the y component. On the contrary, for 420 nm disk, in general,
y-component dominates the angular space than the x-component.
The S2 parameter is nearly symmetrically distributed in the angular
space for 420 nm disk, and more amplitude is observed for +45o po-
larization components compared to that for 120 nm disk, which has
slightly asymmetric distribution of +45o and -45o components in the
angular space. The S3 parameter shows a slightly more symmetric
distribution for 120 nm disk while for 420 nm disk it appears to be
mixed and random in the angular space. It is interesting to note that,
except for S1, S2 and S3 parameters measured for flat spectral phase,
due to low-light level, following the normalization with S0 (which is
also low), some points in the angular space show amplitudes >1 or
<1, which is forced to be 0 during the analysis. This is the reason
of white points mostly in the middle of the images, and around the
circumference.

Following the application of different applied spectral phases, for
120 nm disk, the S1 parameter shows almost no variation with re-
spect to the applied spectral phases, while the S2 component shows
switching in polarization state while going from a flat spectral phase
through different π phase steps (see the corresponding columns of 120
nm in panels (a), (b) and (c)). While going from flat spectral phase
(a) to the antisymmetric π step phase in (b), it is clear from the S2

image, that the -45o polarization components has become weaker. Ef-
fectively, for this spectral phase, the SHG polarization state is mostly
of +45o polarization state. When going from (a) to (c), it is observed
that the polarization state is mainly -45o, for the same disk. As to
the notch π step phase, it resulted in slightly diminishing the linear
diagonal polarization state, with a slight bias towards +45o. On the
other hand, the S3 component, when going from (a) to (b) to (c) to
(d), only a minor change is observed. i.e., the antisymmetric π step
phase, the 5-segment π step phase, nor the notch π phase did not
result in a notable switching in the circular polarization state.

For 420 nm disk, the S1 and S2 parameters exhibit negligible
change for all the applied phases, while S3 component shows that
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measured SHG has a little bias towards RCP state. Therefore, from
first impressions, it is clear that we are only able to influence the
polarization state of the SHG far-field emission of 45o components
for 120 nm resonant nanodisk.

To quantify the effect of phase control, in Fig 6.5, the change in
Stokes parameters S0, S1, S2 and S3, in the BFP with respect to the
azimuth angle φ is plotted for 120 nm and 420 nm disks respectively
for all three phases: the flat (zero) phase, the antisymmetric π-step
phase and the 5-segment π-step phase. The line plots were generated
by calculating the average of respective angular parameters in an
annular region of 6 pixels selected near the polar angle of maximum
contrast obtained in the angular Stokes images.

From Fig. 6.5, red curves show the angular variation of S0, S1,
S2 and S3 for flat spectral phase, green curves show the variation for
antisymmetric π step phase, blue curves show that for 5-segment π
step phase and magenta curves for the notch-type π step phase. The
4 panels on the first column show the results for 120 nm disk and the
ones on the second column show the results for 420 nm disk. The
first row shows the variation in S0, the second one S1, third one S2

and finally the fourth one that of S3. The 0 levels are marked with
grey dotted line in each panel.

Looking at the first row, all the curves nicely overlap with each
other, for both 120 and 420 nm disks, meaning that the normalized
S0 that measured for different applied spectral phases overlap with
each other, ensuring that the experiment and the analysis bsaed on
normalization and background subtraction is healthy. The angular
variation in the intensity corresponds to the variation of intensity
shown in S0 image shown in Fig. 6.4. Therefore, since for 120 nm
disk, the S0 image shows nearly a doughnut-like pattern, for a fixed
polar angle, the variation in S0 with respect to the azimuth angle is
expected to be nearly constant. On the other hand, for 420 nm disk,
since the intensity slightly dominates in the y-direction, we expect to
see oscillatory trend in the azimuthal angular distribution of its S0

parameter.
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Figure 6.5: The angular effect of spectral phase on the Stokes
parameters: The variation of S0, S1, S2 and S3 for 120 and 420 nm disks
with respect to the azimuth angle φ, integrated over an annular ring of
width 6 pixels near the maximum in the angular Stokes maps shown in 6.4.
The π-step phases shift to more +45o and -45o polarization components
for 120 nm disk while for 420 nm disk no shifting was observed with any of
the applied spectral phase. The notch-π-step phase produced no shifting
and only a reduction in polarization state.
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In the second row, we show the variation in the S1 parameter
for both disks: the curves oscillate around the zero-line as the the φ
changes from 0 to π, which correspond to the switching between lin-
ear horizontal and vertical polarization components in the clockwise
direction, distributed nearly symmetrically into 4 quadrants for both
disks. As the φ is varied, we see that, the polarization state is along
x-axis when the φ = 0 and along y-axis when the φ=π

2
, reiterating

that the SHG is always polarized along the radial direction. For 120
nm disk, only an amplitude change at φ = 0.6π radians and φ = 1.6π
radians (π radians apart from each other), that varies beyond the
maximum value of 1, which comes from the fact that the normaliza-
tion with respect to S0 results in values slightly above 1 for points of
lower amplitudes in the angular Stokes images. At all other φ values,
the S1 curves nearly overlap with each other, for different applied
spectral phases. For 420 nm disk, red, blue and the green curves
overlap and the magenta curve shows slight amplitude changes at φ
= 0.6π and 1.6π radians.

A notable change is observed in the third row, where firstly for 120
nm disk, for the flat phase the S2 is found to nearly symmetrically
vary around 0, meaning the polarization state in k-space changes
from +45o −45o, in a given interval of 0 to π of the azimuth angle.
We note that the peak-to-peak variation of this oscillation is from
-0.75 to 0.75, showing that at any point in k-space, we have no pure
+45o or −45o polarization state. By applying the antisymmetric π-
step phase, the S2 is found to shift above 0, such that 0 > S2 6 0.5.
In this case, at any point in the azimuth-angular space, the polariza-
tion state oscillates around 0.25. For instance, at φ = 0.31πradian,
S2 went from -0.4 to 0.2, implying that the polarization flipped from
40% of −45o state to the 20% +45o state. Also, when φ = 0.73π ra-
dians, S2 went from 0.2 to 0.6, showing a 40% enhancement in +45o

polarization state. It has to be noted that, the peak-to-peak height
of the oscillation went from 0.8 to less than 0.4. Thus, along with the
switching in polarization, we also observe the reduction in the diago-
nal linear polarization state. On the other hand, with the 5-segment
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π-step phase, the S2 shifted to negative side, such that -0.8 6 S2 6
0.2 meaning that the polarization state is biased towards −45o (i.e.,
in the opposite direction as achieved by the antisymmetric phase).
However, the amplitude of the variation appears to have not changed
much. Thus, by means of two different combinations of π step phases
on the laser spectrum, it was possible to achieve a controlled, system-
atic switching between the linear ±45o polarization states of the SHG
emission in the angular space. However, with the notch π step phase,
not much variation was found in the S2 parameter, except that the
amplitude of the oscillation went down, i.e., a slight reduction in the
linear diagonal polarization state. We identify that this could be a
result of extremely low SHG signal generated in this case. For 420
nm disk, on the contrary, all the curves overlap with each other.

In the fourth panel, that shows the variation in S3 parameter, for
120 nm, minor shift towards RCP is observed when going from red to
magenta curves, meaning from the flat spectral phase to the notch-
type π step phase. For 420 nm disk, there is a slight shift towards
LCP, for the identical change of applied spectral phases.

Since identical spectral phase control measurements for both disks
with identical background correction and normalizations performed,
the variation observed in S2 for 120 nm disk must be an effect of
phase control of interferences achieved for 120 nm disk, since there is
a systematic shift observed for different spectral phases applied. The
parameters S1, S2 show nearly no variation for 420 nm disk, indi-
cating that multipolar spectral interference has not been controlled
effectively for this disk size. It has to be stressed here that, all the
required BFP images with respective polarization controls were sys-
tematically measured under identical alignment conditions, sequen-
tially. We reiterate that, all BFP images were self-referenced with the
corresponding S0 parameter (for each applied spectral phase), which
also rule out the possibilities of errors. One has to note here that,
the experiment is complex in nature: the spectral phase modulation
applied on the laser pulse results in SHG intensity dropping to 40%
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and considering that SHG signal (see Fig (5.1) is collected in an em-
CCD camera, to a region spread over 200 × 200 pixels. This requires
high exposure and long accumulation times. The polarization control
at the detection end, further reduces the collected SHG signal.

In summary, the antisymmetric spectral πstep phase and the 5-
segment π-step phase succeeded in producing a combined switching
and reduction of the linear diagonal polarization states of the 120 nm
disk and almost no switching for 420 nm disk. On the other hand,
for both disk sizes, for the circular polarization states, no switching
and only reduction in the polarization state was observed. With
the notch-π step phase, no switching could be achieved, and only
minor shifts towards RCP for 120 nm disk and towards LCP for
420 nm disk are observed. Given that the spectral phase control
addresses fundamental frequency range, it is important to identify the
resonant multipolar modes that are excited and to identify their phase
difference. To this end, multipole decomposition at the fundamental
spectral range for the two disk sizes was performed.

In Fig. 6.6 we show the results of multipole decomposition. The
top panel shows the amplitude of multipolar spectral components
upto quadrupoles, for 120 nm disk, in the wavelength range of 750-
850 nm, which matches with the excitation laser spectral range (see
Fig (6.4), top row) and their corresponding phases. The bottom
panel shows the corresponding results for 420 nm disk. For 120 nm
disk, in the laser spectral range, the tail of the magnetic dipole my

can be identified, (see the calculated scattering cross section shown
in Fig. 4.3 for different disk sizes) while the amplitude of magnetic
quadrupole Qm

yz is constant. The strength of px is 10x and that of
Qm
xz is 1000x weaker than that of magnetic dipole, hence their contri-

butions are neglected. The spectral phases of all of these multipolar
components are nearly similar, with a smooth, linear variation ob-
served across the spectrum. The π-step phase on top of the spectral
phase of my results in the blue- and the red-driving frequencies of the
fundamental electric field oscillate in a different phase, compared to
when the phase is flat. This is also the case for Qm

yz. The interference
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Figure 6.6: Multipolar spectral decomposition: Multipole decomposi-
tion in the frequency range of 750 to 850 nm spectral range (fundamental)
for 120 and 420 nm disks shows that px, my and Qmyz are the dominant
components. Corresponding phases are shown alongside. Red curves over-
laid on top of the phases of the multipolar components, show the applied
spectral phase on the excitation laser pulse that produced a notable change
in the polarization state.

of these magnetic multipoles in the fundamental frequencies result
in a nonlinear mixing that generates SHG with a polarization state
different from that when the driving frequencies are unaffected by
the flat phase.

As to the 420 nm disk, on the contrary, px appears to have a
peak around 820 nm with a comparable strength to that of my which
peaks around 770 nm. However, contrary to the 120 nm disk, the
interference appears to not be controlled effectively, neither with the
antisymmetric nor with the 5-segment π-step phase.
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It has to be noted that, different from the calculated response
of a GaP sphere in free space shown in the conceptual schematic in
6.3, in reality, for the GaP nanodisks employed in the experiment
lie on the high index GaP substrate resulting in the dipolar and
quadrupolar resonances are much broader and the spectral phases
only vary smoothly across the excitation spectral range. Thus, the
phase difference between the interfering modes are uniform, offering
little options of phase control. Needless to say, the spectral phase
control is based on the calculated multipolar resonant modes at the
fundamental spectral range. Also what has to be noted is that, for
bigger disks, multiple modes occur at fundamental spectral range.
Additionally, it was observed in Chapter 5 (see Fig (5.9)) that, at
SHG frequencies, higher order multipolar modes are responsible for
the intensity enhancement, and the polarization character of the SHG
emission is non-trivial to explain at the first glance. At any frequency,
the polarization state of the SHG is affected by the mixing of modes
at fundamental and SHG frequencies. Therefore, it is challenging to
arrive to precise conclusions at this stage. It is expected that, per-
forming this experiment on a GaP nanodisk on a low index substrate
would yield a much noticeable response, due to the possible sharper
resonances and stronger phase differences, and the additional possi-
bility of observing forward-to-backward scattered intensity changes
with the change in phase.

Nevertheless, these results give critical insights on the proposed
novel approach of tailoring the multipolar spectral interferences, by
tuning the spectral phase of the excitation frequencies to achieve
directional radiation at SHG frequencies with specific polarization
features. In the near future, it is expected that the first demonstra-
tion of Kerker effect based on SHG scattering by excitation spectral
phase manipulation can be realised through this approach.
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6.5 Conclusions

To summarize, in this Chapter, we described the first results of a novel
experiment towards controlling the nonlinear multipolar interferences
by spectral phase modulation. To this end, we combined spectral
phase control of excitation pulses and Stokes polarimetry of the SHG
back focal plane imaging. Through this technique, we demonstrated
that multipolar interferences can be manipulated by spectral phase
modulation, and as a result, polarization state of the SHG radia-
tion pattern of a given resonant nanoantenna can be switched and
controlled. However, due to the broad multipolar resonances that
interfere non-trivially with a complex phase feature, it is challenging
to arrive at precise conclusions at this stage. Nevertheless, our exper-
iment provides useful insights towards achieving the first demonstra-
tion of Kerker effect based on SHG in resonant nanoscopic emitters
through an all-optical coherent control method.
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7
Conclusions and future

perspectives

7.1 Conclusion

To summarise, this thesis demonstrated the spectral phase control
of second- and third-order nonlinear optical responses in resonant
metallic and dielectric nanoantennas.

• In the second chapter, the context of ultrafast spectral phase
control of linear and nonlinear responses in nanoemitters was
motivated by demonstrating experiments on fluorescence emis-
sion of single molecules and second harmonic generation of
nanoparticles. It was concluded that in the linear domain, ex-
citation spectral phase has no effect and a nonlinear optical
process like second harmonic generation can be quite efficiently
controlled by π step phase, based on the interferences between
various sum-frequency pathways that occur as the result of in-
teraction of light with a nonlinear nanomaterial.
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• In the third chapter, it was shown that in metallic nanoanten-
nas, taking gold as an example, the phase memory of surface
plasmon oscillations can be coherently controlled, provided the
excitation pulses are made sufficiently shorter, to the scale of
the dephasing time in such systems. To show this, we measured
the intensity contrast with and without π step phase and ob-
served that the contrast falls off to zero when excitation pulse
duration reaches beyond the plasmon dephasing time.

• In the fourth chapter, we investigated a dielectric nanoantenna
system, taking a highly nonlinear material like gallium phos-
phide, and showed that, higher order nonlinear processes can
be enhanced by Mie-like resonances and that such low-loss res-
onances in can sustain longer coherences. With the phase con-
trast achieved more than that in gold nanorods, we proved that
a dielectric nanoresonator can outperform plasmonic resonators
in nanoscale coherent control.

• In the fifth chapter, the mechanism of enhancement of second
harmonic generation in gallium phosphide nanodisks was inves-
tigated and was attributed to the highly concentrated electric
energy density in the volume of the disks which generate higher
order multipolar modes in the nanodisk through the nonlinear
χ(2) interaction. We performed polarization resolved back fo-
cal plane imaging, based on Stokes formalism, of the emitted
second harmonic radiation to observe the nonlinear generation
of vector beams that are radially polarized, also having small
circular components. By a systematic multipole decomposition
in the second harmonic spectral range, the dominant multipo-
lar modes responsible for the generation of radially polarized
vector beams in the second harmonic radiation pattern were
identified.
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• In the sixth chapter, we proposed and demonstrated the results
of a systematic spectral phase control experiment in which mul-
tipolar interferences in dielectric nanoresonators can be tailored
by π step phase modulation. We observed for the first time, a
switching and reduction in linear diagonal polarization state of
SHG angular radiation for a resonant GaP nanodisk. Based
on our preliminary numerical analysis, we discussed the obser-
vations. Further investigations are ongoing and have not been
included in this thesis.

We conclude this thesis by proposing future perspectives on the
experimental studies described so far.

7.2 Future perspectives

• In the context of coherent control of surface plasmon reso-
nances, it will be straightforward to extend the experiment in a
system with larger dephasing times, for example Ag. However,
such an experiment needs a detailed study on the excitation to
intermediate state, which, in case of Au, is resonant with our ex-
citation laser spectral range. Furthermore, coupled plasmonic
systems, like nano-gap antennas and Fano resonant structures
are known to have sharper resonance features, which translates
to extended dephasing times. Having said that, one has to be
aware of the coupled modes resonant in the system with com-
plicated phase features. We are extending our studies in that
direction. In high index dielectric nanostructures, a study on
the two-photon photoluminescence and its phase contrast is still
in progress, in order to make a fairer comparison with that in
Au nanoantennas.

• Although we have been able to understand the resonance en-
hancement of SHG in GaP nanodisks, we were not free from
ambiguities in the multipolar decomposition analysis due to the
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extended presence of electric field in the substrate. To resolve
this and to have a definite field confinement in the structure
of interest, the nanodisks have to be fabricated on a low index
substrate. Additionally, the polarization resolved analysis of
radiation pattern of GaP nanodisks provided us with the scope
of extensive studies towards tailoring nonlinear optical emission
properties. We can decompose the dominant multipolar modes
in the structure and can tailor the ratio of their intensities by
polarization control. This effectively generate vector beams of
different properties at the SH frequencies. Needless to say, the
crystal orientation in this context plays the most important role
in all of this.

• Finally, results of our preliminary investigations showed that,
by tailoring the interfering multipolar modes in a high index
dielectric nanoantenna, polarization switching can be observed.
A structure with sharper resonances, that has considerable over-
lap with the excitation frequencies, also with a significant phase
difference will be required for such an experiment. Alterna-
tively, different from the sample employed for our experiments
discussed in Chapter 6, if the GaP nanodisks are fabricated on
a transparent, low index substrate, this experiment can be ex-
tended in a way to control the forward-to-backward scattering
intensity ratio following the spectral phase modulation. Fur-
thermore, on metastructures made of nonlinear materials, we
can expect fascinating effects like beam steering and nanoscale
pulse shaper for active dispersion control, offering more possi-
bilities of tailoring the directionality of nonlinear emission.
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